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(54) Computation of reliability values

(57) There are disclosed systems and methods for
computing a reliability value for a bit of a received symbol
value y associated with a constellation. In one embodi-
ment, the method comprises computing the reliability val-
ue by obtaining a first minimum distance value, the first
minimum distance value being a function of an absolute
magnitude of an initial value associated with the bit, and

combining the first minimum distance value with a second
minimum distance value, the second minimum distance
value being a function of a distance between the received
symbol value y and a symbol xb in the constellation cor-
responding to a most likely pattern of bits transmitted
given the received symbol value y.
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Description

[0001] The following relates to the computation of one or more reliability values (such as log likelihood ratio values)
in a digital communications system.
[0002] The receiver of a digital communications system typically includes a constellation demapper and a decoder.
The constellation demapper demaps the received symbol to either one or more bits (a "hard decision") or one or more
reliability values, each reliability value representing the likelihood that a transmitted bit is either a one or a zero. The
output of the constellation demapper is then fed to the decoder, which uses the output of the constellation demapper
and the known error control code applied by the transmitter to decode the bits that were transmitted.
[0003] A "soft-input" decoder is one that accepts reliability values as an input instead of hard bit values. For example,
there are known soft-input decoders for decoding turbo codes and Low-Density Parity-Check (LDPC) codes. A soft-
input Viterbi decoder is also known. In soft-input decoders, instead of accepting bits as an input to the decoder, such
decoders accept reliability values, one reliability value corresponding to each transmitted bit. A reliability value typically
provides more information than a hard decision bit. As an example, the sign of the reliability value may indicate which
bit was more likely transmitted, and the amplitude of the reliability value may indicate how likely it was that the particular
bit was transmitted.
[0004] An example of one type of reliability value is a Log Likelihood Ratio (LLR).
[0005] It is desirable to compute reliability values in a way that aims to reduce computational complexity and/or in a
way that aims to reduce the time required to compute the reliability values.
[0006] In one aspect, there is provided a method of computing a reliability value for a bit of a received symbol value
y associated with a constellation; the method comprising: computing the reliability value by obtaining a first minimum
distance value, the first minimum distance value being a function of an absolute magnitude of an initial value associated
with the bit, and combining the first minimum distance value with a second minimum distance value, the second minimum
distance value being a function of a distance between the received symbol value y and a symbol xb in the constellation
corresponding to a most likely pattern of bits transmitted given the received symbol value y.
[0007] The second minimum distance value may optionally be equal to the distance between the received symbol
value y and the symbol xb in the constellation corresponding to the most likely pattern of bits transmitted given the
received symbol value y.
[0008] Combining the first minimum distance value with the second minimum distance value may optionally comprise
either subtracting the first minimum distance value from the second minimum distance value or subtracting the second
minimum distance value from the first minimum distance value.
[0009] The constellation may optionally comprise a set of constellation points having a minimum distance of 2d between
a pair of the constellation points.
[0010] The first minimum distance value may optionally be equal to d plus the absolute magnitude of the initial value.
[0011] The received symbol value y may optionally represent m bits that were transmitted using a modulation scheme
of the constellation.
[0012] The method may optionally further comprise: obtaining m initial values y0,y1,...,ym-1 from the received symbol
value y, one for each of the m bits, the initial value being a kth one, yk, of the m initial values.
[0013] The method may optionally further comprise computing the first minimum distance value as d+| yk |, where |
yk | is the absolute magnitude of the initial value.
[0014] The method may optionally further comprise computing the second minimum distance value as a value equal
to the distance between the received symbol value y and the symbol xb in the constellation corresponding to the most
likely pattern of bits transmitted given the received symbol value y.
[0015] The method may optionally further comprise computing m reliability values, one of the m reliability values being
said reliability value.
[0016] The m reliability values may optionally be computed by, for i = 0,..., m-1, computing an ith reliability value
including computing d+ |yi| to obtain an ith first minimum distance value, and combining the ith first minimum distance
value with the second minimum distance value.
[0017] The second minimum distance value may optionally be computed as ||ym-1|-d|.
[0018] The method may optionally further comprise obtaining a hard decision representing the most likely pattern of
bits transmitted given the received symbol value y.
[0019] The method may optionally further comprise computing the second minimum distance value by directly com-
puting the distance between the received symbol value y and the symbol xb in the constellation corresponding to the
hard decision.
[0020] The initial values may optionally be soft-sliced values.
[0021] The constellation may optionally be either a Pulse Amplitude Modulation (PAM) constellation or a Quadrature
Amplitude Modulation (QAM) constellation.
[0022] The one or more reliability values may optionally be Log Likelihood Ratio (LLR) value(s).

^

^

^

^



EP 2 779 552 A1

3

5

10

15

20

25

30

35

40

45

50

55

[0023] The LLR values for i bits may optionally be computed as: 

wherein the ith first minimum distance value is used to compute one of  and

 and wherein the second minimum distance value is used to compute the other of

 and  and where b is a bit vector of m bits,  is a symbol in the

constellation associated with the bit vector b, b, bi = 0 is a set of all possible bit vectors whose ith bit is 0, b, bi =1 is a

set of all possible bit vectors whose ith bit is 1, k is a scaling factor,  represents the absolute value of the

difference between the received symbol value y and the symbol  is a minimum of the set of

values for  b, bi = 1, and  is a minimum of the set of values  for b, bi = 0.

[0024] Gray coding may optionally be used in the constellation.
[0025] Natural coding may optionally be used in the constellation.
[0026] Obtaining m initial values y0, y1,..., ym-1 from the received symbol value y may optionally comprise: selecting
the received symbol value y as a first initial value y0; and for k = 1,..., m-1, computing a kth initial value, yk, as 

[0027] Obtaining m initial values y0, y1,...,ym-1 from the received symbol value y may optionally comprise: selecting
the received symbol value y as a first initial value y0; and for k =1,...,m-1, computing a kth initial value, yk, as 

[0028] The constellation may optionally be square QAM or rectangular QAM.
[0029] The reliability value(s) may optionally be computed as part of demapping.
[0030] Demapping may optionally be performed by decomposing the QAM constellation into two independent PAM
constellations representing an in-phase and a quadrature-phase signal respectively, and independently demapping each
of the two independent PAM constellations.
[0031] The method may optionally further comprise: receiving a wireless signal from a wireless channel; and obtaining
the received symbol value y from the wireless signal.
[0032] The method may optionally further comprise performing decoding using the m reliability values.
[0033] The most likely pattern of bits transmitted given the received symbol value y may optionally be the hard decision
of the received symbol value y.
[0034] The method may optionally comprise:
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when yi ≥ 0, then  is computed as the second minimum distance value, and

 is computed as the ith first minimum distance value d+|yi| ;

else when yi < 0, then  is computed as the ith first minimum distance value d+ |yi| and

 is computed as the second minimum distance value.

[0035] The second minimum distance value may optionally represent a minimum of a set comprising the distances
between the received symbol value y and all points in the constellation having an associated bit pattern in which a given
bit equals the corresponding bit in a hard decision associated with the received symbol value y.
[0036] The first minimum distance value may optionally represent a minimum of a set comprising the distances between
the received symbol value y and all points in the constellation having an associated bit pattern in which the ith bit does
not equal the ith bit of the hard decision.
[0037] The value d may optionally be a function of the received energy per bit, or vice versa.
[0038] The method may optionally further comprise performing the demapping for a plurality of received symbols, and
decoding the plurality of received symbols using the reliability values as inputs to a soft-input decoder.
[0039] The demapping may optionally be performed at the receiving end of a device (e.g. a mobile device).
[0040] In another aspect, there is provided an apparatus in a digital communications system, the apparatus comprising
a constellation demapper for computing a reliability value for a bit of a received symbol value y associated with a
constellation; the constellation demapper for performing operations comprising: computing the reliability value by ob-
taining a first minimum distance value, the first minimum distance value being a function of an absolute magnitude of
an initial value associated with the bit, and combining the first minimum distance value with a second minimum distance
value, the second minimum distance value being a function of a distance between the received symbol value y and a
symbol xb in the constellation corresponding to a most likely pattern of bits transmitted given the received symbol value y.
[0041] The apparatus may optionally be configured to perform any of the additional steps in the methods described
above and herein.
[0042] The apparatus may optionally further include a decoder for decoding using reliability values computed by the
demapper.
[0043] The apparatus may optionally further include a receiver for receiving a signal from a channel.
[0044] The apparatus may optionally further include processing circuitry for obtaining the received symbol value from
the received signal.
[0045] The apparatus may optionally be part of a mobile device.
[0046] In another aspect, there is provided a computer readable medium having stored thereon computer executable
instructions that, when executed, cause an apparatus to perform a method of computing a reliability value for a bit of a
received symbol value y associated with a constellation; the instructions, when executed, causing the apparatus to
perform operations comprising: computing the reliability value by obtaining a first minimum distance value, the first
minimum distance value being a function of an absolute magnitude of an initial value associated with the bit, and
combining the first minimum distance value with a second minimum distance value, the second minimum distance value
being a function of a distance between the received symbol value y and a symbol xb in the constellation corresponding
to a most likely pattern of bits transmitted given the received symbol value y.
[0047] The computer executable instructions, when executed, may optionally cause the apparatus to perform any of
the additional steps in the methods described above and herein.
[0048] In another aspect, there is provided a method of demapping a received symbol value y associated with a
constellation, the constellation comprising a set of constellation points having a minimum distance of 2d between a pair
of the constellation points; the received symbol value y representing m bits that were transmitted using a modulation
scheme of the constellation; the method comprising: demapping the received symbol value y by: obtaining m initial
values y0, y1,...,ym-1 from the received symbol value y , one for each of the m bits; computing m reliability values by, for
i = 0,..., m-1, computing an ith reliability value including computing d+ |yi| to obtain an ith minimum distance value, where
|yi| is an absolute magnitude of the initial value associated with an ith bit of the m bits, and combining the ith minimum
distance value with another minimum distance value equal to a distance between the received symbol value y and a
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symbol xb in the constellation corresponding to a most likely pattern of bits transmitted given the received symbol value y.
[0049] The initial values may optionally be soft sliced values.
[0050] The most likely pattern of bits transmitted given the received symbol value y may optionally be the hard decision
of the received symbol value y.
[0051] Combining the ith minimum distance value with the other minimum distance value may optionally comprise
either subtracting the ith minimum distance value from the other minimum distance value or subtracting the other minimum
distance value from the ith minimum distance value.
[0052] The other minimum distance value may optionally be computed as ||ym-1|-d|.
[0053] The method may optionally further comprise obtaining a hard decision representing the most likely pattern of
bits transmitted given the received symbol value y.
[0054] The method may optionally further comprise computing the other minimum distance value by directly computing
the distance between the received symbol value y and the symbol xb in the constellation corresponding to the hard
decision.
[0055] The constellation may optionally be a Pulse Amplitude Modulation (PAM) constellation.
[0056] The constellation may optionally be a Quadrature Amplitude Modulation (QAM) constellation.
[0057] Gray coding may optionally be used in the constellation.
[0058] Natural coding may optionally be used in the constellation.
[0059] The reliability values may optionally be Log Likelihood Ratio (LLR) values.
[0060] Each one of the m reliability values may optionally be Log Likelihood Ratio (LLR) values computed as:

wherein the ith minimum distance value is used to compute one of  and

and wherein the other minimum distance value is used to compute the other of

 and  and where b is a bit vector of m bits, is a symbol in the con-

stellation associated with the bit vector b, b,bi = 0 is a set of all possible bit vectors whose ith bit is 0, b,bi = 1 is a set of

all possible bit vectors whose ith bit is 1, k is a scaling factor, represents the absolute value of the difference

between the received symbol value y and the symbol  is a minimum of the set of values

for b,bi = 1, and  is a minimum of the set of values for b,bi = 1,

[0061] The scaling factor k may optionally be equal to one.
[0062] The scaling factor k may optionally be equal to another real number.
[0063] The scaling factor k may optionally be equal to 2σ2, where σ is a standard deviation of a Gaussian distribution
of noise.
[0064] The method may optionally comprise:

when yi ≥ 0, then  is computed as the other mimimum distance value, and

 is computed as the ith mimimum distance value d+|yi|;

^
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else when yi < 0, then  is computed as the ith mimimum distance value d+|yi| and

 is computed as the other mimimum distance value.

[0065] Obtaining m initial values y0, y1,...,ym-1 from the received symbol value y may optionally comprise: selecting

the received symbol value y as a first initial value y0; for k =1,...,m-1, computing a kth initial value, yk, as yk = 2m-k d- |yk-1|.

[0066] Obtaining m initial values y0, y1,...,ym-1 from the received symbol value y may optionally comprise: selecting
the received symbol value y as a first initial value y0; for k = 1,..., m-1, computing a kth initial value, yk, as 

[0067] The constellation may optionally be square QAM or rectangular QAM.
[0068] The demapping may optionally be performed by decomposing the QAM constellation into two independent
PAM constellations representing an in-phase and a quadrature-phase signal respectively, and independently demapping
each of the two independent PAM constellations.
[0069] The method may optionally further comprise: receiving a wireless signal from a wireless channel; and obtaining
the received symbol value y from the wireless signal.
[0070] The method may optionally further comprise performing decoding using the m reliability values.
[0071] The other minimum distance value may optionally represent a minimum of a set comprising the distances
between the received symbol value y and all points in the constellation having an associated bit pattern in which a given
bit equals the corresponding bit in a hard decision associated with the received symbol value y.
[0072] The minimum distance value d+ |yi| may optionally represent a minimum of a set comprising the distances
between the received symbol value y and all points in the constellation having an associated bit pattern in which the ith

bit does not equal the ith bit of the hard decision.
[0073] The value d may optionally be a function of the received energy per bit, or vice versa.
[0074] The method may optionally further comprise performing the demapping for a plurality of received symbols, and
decoding the plurality of received symbols using the reliability values as inputs to a soft-input decoder.
[0075] The demapping may optionally be performed at the receiving end of a device (e.g. a mobile device).
[0076] In another aspect, there is provided an apparatus in a digital communications system, the apparatus comprising
a constellation demapper for demapping a received symbol value y associated with a constellation, the constellation
comprising a set of constellation points having a minimum distance of 2d between a pair of the constellation points; the
received symbol value y representing m bits that were transmitted using a modulation scheme of the constellation; the
constellation demapper for demapping the received symbol value y by: obtaining m initial values y0, y1,...,ym-1 from the
received symbol value y , one for each of the m bits; computing m reliability values by, for i = 0,..., m-1, computing an
ith reliability value including computing d+ |yi| to obtain an ith minimum distance value, where |yi| is an absolute magnitude
of the initial value associated with an ith bit of the m bits, and combining the ith minimum distance value with another
minimum distance value equal to a distance between the received symbol value y and a symbol xb in the constellation
corresponding to a most likely pattern of bits transmitted given the received symbol value y.
[0077] The apparatus may optionally be configured to perform any of the additional steps in the methods described
above and herein.
[0078] The apparatus may optionally further include a decoder for decoding using the reliability values computed by
the demapper.
[0079] The apparatus may optionally further include a receiver for receiving a signal from a channel.
[0080] The apparatus may optionally further include processing circuitry for obtaining the received symbol value from
the received signal.
[0081] The apparatus may optionally be part of a mobile device.
[0082] In another aspect, there is provided a computer readable medium having stored thereon computer executable
instructions that, when executed, cause an apparatus to perform a method of demapping a received symbol value y
associated with a constellation, the constellation comprising a set of constellation points having a minimum distance of
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2d between a pair of the constellation points; the received symbol value y representing m bits that were transmitted
using a modulation scheme of the constellation; the instructions, when executed, causing the apparatus to perform
operations comprising: demapping the received symbol value y by: obtaining m initial values y0, y1,...,ym-1 from the
received symbol value y, one for each of the m bits; computing m reliability values by, for i = 0,..., m-1, computing an ith

reliability value including computing d+ |yi| to obtain an ith minimum distance value, where |yi| is an absolute magnitude
of the initial value associated with an ith bit of the m bits, and combining the ith minimum distance value with another
minimum distance value equal to a distance between the received symbol value y and a symbol xb in the constellation
corresponding to a most likely pattern of bits transmitted given the received symbol value y.
[0083] The computer executable instructions, when executed, may optionally cause the apparatus to perform any of
the additional steps in the methods described above and herein.
[0084] Specific embodiments will now be described, by way of example only, with reference to the accompanying
figures wherein:

FIG. 1 is a block diagram of a transmit side and a receive side in a digital communications system;

FIGs. 2 and 3 illustrate an example of Gray coded and natural-coded 8-PAM constellations, respectively;

FIG. 4 illustrates an example of a Gray coded 16-QAM constellation;

FIG. 5 is another block diagram of a digital communications system;

FIG. 6 is an example of a method of soft slicing the Gray coded 8-PAM constellation of FIG. 2;

FIG. 7 is a flow diagram illustrating a method of computing LLR values;

FIG. 8 is a flow diagram illustrating another method of computing LLR values;

FIG. 9 is a flow diagram illustrating still another method of computing LLR values;

FIG. 10 illustrates an example of a natural coded 8-PAM constellation;

FIG. 11 is an example of a method of soft slicing the natural-coded 8-PAM constellation of FIG. 10;

FIG. 12 illustrates an example of a Gray coded 64-QAM constellation;

FIG. 13 is a block diagram of a QAM constellation mapper and demapper;

FIG. 14 is a flow diagram illustrating a method of computing one or more reliability values;

FIG. 15 is a flow diagram illustrating a method of computing a reliability value;

FIG. 16 is a block diagram of an apparatus; and

FIG. 17 is a block diagram of a mobile device.

[0085] Like reference numerals are used in different figures to denote similar elements.
[0086] The embodiments set forth herein represent the necessary information to practice the claimed subject matter
and illustrate the best way of practicing such subject matter. Upon reading the following description in light of the
accompanying figures, those of sufficient skill will understand the concepts of the claimed subject matter and will recognize
applications of these concepts not particularly addressed herein. It should be understood that these concepts and
applications fall within the scope of the disclosure and the accompanying claims.
[0087] Moreover, it will be appreciated that any module, component, or device exemplified herein that executes in-
structions may include or otherwise have access to a computer/processor readable storage medium or media for storage
of information, such as computer/processor readable instructions, data structures, program modules, or other data. A
non-exhaustive list of examples of computer/processor readable storage media include magnetic cassettes, magnetic
tape, magnetic disk storage or other magnetic storage devices, optical disks such as CD-ROM, DVDs, Blu-ray, or other
optical storage, volatile and non-volatile, removable and non-removable media implemented in any method or technology,
RAM, ROM, EEPROM, flash memory or other memory technology. Any such computer/processor storage media may
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be part of a device or accessible or connectable thereto. Any application or module herein described may be implemented
using computer/processor readable/executable instructions that may be stored or otherwise held by such computer/proc-
essor readable storage media.
[0088] In general, there are disclosed below systems and methods in which at least one reliability value is computed
for at least one of m bits transmitted via a received symbol value y.
[0089] Turning to FIG. 1, a digital communications system 102 is illustrated. The digital communications system 102
comprises a transmit side 104 and a receive side 106, separated by a channel 108. For example, the transmit side 104
may comprise a transmitter, and the receive side 106 may comprise a receiver. It is desired to transmit a stream of
binary digits 109 ("bits") from the transmit side 104 to the receive side 106. Typically, the channel 108 cannot support
the literal propagation of a stream of bits directly (i.e. the channel medium cannot literally carry digital 1’s and 0’s).
Instead, the bits 109 need to be mapped or modulated onto corresponding waveforms that can propagate through the
channel 108. Additionally, the channel 108 will typically be noisy and will therefore corrupt the transmitted signals, such
that there is uncertainty at the receive side 106 as to what was actually transmitted. The receive side 106 therefore
needs to make a "guess" or decision as to what was transmitted. Making an incorrect guess/decision will result in bit
errors at the receive side 106.
[0090] To address the challenges mentioned above, the transmit side 104 includes an encoder 112 and a constellation
mapper 114. The encoder 112 performs error control coding. Specifically, the encoder 112 encodes the bits 109 to be
transmitted so that redundancy is strategically added. This redundancy is then exploited on the receive side 106 to try
and identify and/or correct errors introduced by the noise in the channel 108. Error control coding and error control codes
are well known in the art. Examples of error control codes include linear block codes, cyclic codes, convolutional codes,
and turbo codes.
[0091] Thus, the output of the encoder 112 is a stream of encoded bits 116, which consist of the stream of bits 109
encoded using an error control code.
[0092] The constellation mapper 114 sequentially maps groups of encoded bits 116 to corresponding symbols, which
are ultimately mapped to waveforms that are suitable for transmission over the channel 108. The output of the constellation
mapper 114 is therefore a stream of symbols 118. Each symbol corresponds to a specific group of bits, and each symbol
can be represented as vectors or values in a signal constellation. The mapping of bits to symbols is what is typically
referred to as modulation mapping.
[0093] For example, FIG. 2 illustrates a signal constellation for Pulse Amplitude Modulation (PAM) in which groups of
3 bits are each mapped to one of 8 corresponding symbols (s1 to s8), each symbol corresponding to a particular per-
mutation or pattern of bits. This modulation scheme is referred to as 8-PAM modulation. In this modulation scheme, the
amplitude of the signal is representative of the specific pattern of 3 bits that are being transmitted. There are 8 possible
symbols s1 to s8, each one representing a unique pattern of 3-bit values. In this example, if the constellation mapper
114 receives as its input "111", then it will transmit symbol s1, which has a value of -7d in the constellation. The value
"-7d" relates to the energy of the transmitted bits. For example, it may correspond to (or be a function of) the amplitude
of an actual transmitted signal. As an example, the value "d" may correspond to (or be a function of) the energy of a
baseband signal, which is further amplified depending upon what symbol is being transmitted. The value d also relates
to the distance between a pair of adjacent constellation points. In the constellation of FIG.2, there is a distance of 2d
between adjacent constellation points.
[0094] As another example, if the constellation mapper 114 receives as its input "001 ", then it will transmit symbol
s5 , which has a value of d in the constellation.
[0095] In this way, the constellation mapper 114 can receive a continual or a continuous stream of encoded bits 116
and map and transmit over the channel 108 a corresponding stream of symbols 118, each symbol corresponding to a
group of 3 bits.
[0096] The specific way in which bit patterns are mapped to symbols is configurable. For example, the bit-to-symbol
mapping shown in FIG. 2 is referred to as "Gray coding". Gray coding is when two adjacent values only differ by one
bit. As can be seen in the constellation in FIG. 2, each pair of adjacent symbols represents a pair of adjacent bit patterns
that only differ by one bit. Using Gray coding has been shown to help reduce the overall bit error rate in systems in which
the channel 108 includes noise that can be modelled as additive white Gaussian noise (AWGN). However, Gray coding
is not the only way to map bit patterns to symbols in the constellation. For example, the 8-PAM signal constellation
shown in FIG. 3 maps the bit patterns to symbols using a different arrangement.
[0097] FIG. 4 illustrates a signal constellation for Quadrature Amplitude Modulation (QAM) in which groups of 4 bits
are each mapped to one of 16 corresponding symbols. This is referred to as 16-QAM. In this modulation scheme, typically
both the amplitude and the phase of each signal being transmitted is representative of the specific pattern of 4 bits that
are being transmitted. In this example 16-QAM scheme, Gray coding is used for mapping the bit patterns to the symbols.
As will be appreciated, this is not the only Gray coding mapping available for this constellation, but is only one example.
[0098] In a constellation, each symbol is represented by a value in the constellation. For example, the symbol s1 in
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the 16-QAM constellation shown in FIG. 4 is represented by the two dimensional value (-3d, 3d). With respect to the 8-
PAM constellations shown in FIGs. 2 and 3, these are only one dimensional constellations, and so each symbol is simply
just a single value.
[0099] It will be appreciated that the PAM and QAM constellations illustrated in FIGs. 2 to 4 are just examples. Many
different constellations are known and can instead be used.
[0100] Returning now to FIG. 1, the receive side 106 of the data communications system 102 includes a constellation
demapper 120 and a decoder 122. The constellation demapper 120 demaps the received symbols 119, which have
been corrupted by noise, to either bits (a "hard decision") or reliability values representing the likelihood that each
transmitted bit is either a one or a zero. In any case, the output of the constellation demapper 120 is then fed to the
decoder 122, which uses the output of the constellation demapper 120 and the known error control code applied by the
encoder 112 to decode the stream of bits that were sent by the transmit side 104.
[0101] As an example, assume the 8-PAM constellation in FIG. 2, and assume that the group of bits "001" is transmitted
via symbol s5 = d . Of course, as discussed above, the value d is not literally sent across the channel medium, but an
appropriate and predetermined corresponding signal is transmitted. This transmitted signal is corrupted by the noise in
the channel medium. The received signal then goes through signal processing known in the art (and not shown), such
as through a matched filter and is sampled to result in a corresponding received value y. Assuming hard decision
constellation demapping, the value y may then be demapped by the constellation demapper 120 back to a corresponding
bit pattern ("the hard decision"), i.e., ideally back to "001" if the noise in the channel 108 did not corrupt the signal too
much during transmission. The stream 124 of demapped values output from the constellation demapper 120 is then fed
to the decoder 122, which decodes the stream 124 back to a stream of bits 126 (via the predetermined error control
coding method), which represents the decision of the receive side 106. That is, the stream of bits 126 represents the
decision as to the corresponding stream of bits 109 that were transmitted from the transmit side 104.
[0102] It should be noted that the illustrated data communications system 102 has been simplified for ease of expla-
nation. In actual implementation, the transmit side 104 and the receive side 106 will typically include many more com-
ponents that are known in the art and that may be related to the transmission of the data, depending upon the specific
implementation. Examples of such components include (but are not limited to): source coders/decoders, encryption/de-
cryption, interleaving/deinterleaving, digital signal processing, filtering, OFDM modulation/demodulation, spreading/de-
spreading, scrambling/descrambling, and mapping to/from subbands. As one specific example, to try and combat bursts
of noise in the channel, the encoded bits 116 may be interleaved prior to constellation mapping, and then the demapped
values may be deinterleaved prior to decoding 122.
[0103] Also, the channel 108 can include both the actual transmission medium (e.g. air or cable) through which an
analog signal propagates, as well as the analog-to-digital (A/D) conversion and any related amplification, filtering or
digital signal processing. In this case, the noise can include both noise in the actual transmission medium and noise
introduced in the A/D conversion and any related filtering or digital signal processing at the receive side and/or the
transmit side.
[0104] Returning now to FIG. 1, depending upon the error control scheme utilized, the decoder 122 may accept
reliability values as an input instead of bit values (in which case the output of the constellation demapper 120 would not
be bits 124, as illustrated, but would be reliability values corresponding to bits 124). Such a decoder is referred to as a
"soft-input" decoder. For example, there are known soft-input decoders for decoding turbo codes and Low-Density Parity-
Check (LDPC) codes. A soft-input Viterbi decoder is also known. Instead of accepting digital bits as an input to the
decoder, a soft-input decoder accepts reliability values, one reliability value corresponding to each bit transmitted via
the transmitted symbol. A reliability value can provide more information since it not only indicates which bit was more
likely transmitted, but additionally the amplitude of the reliability value can indicate how likely it was that the particular
bit was transmitted. As a simple example, assume the 8-PAM constellation in FIG. 2, and assume that the group of bits
"001" is transmitted via symbol s5 = d. The corresponding received value y is received and processed by the constellation
demapper 120. Instead of the constellation demapper 120 outputting the 3-bit hard decision value representing the
guess/decision of what was sent (e.g. the value "001" if there was not much corruption of the signal during transmission),
the constellation demapper 120 instead outputs 3 reliability values, one for each bit. As one example, each reliability
value may indicate through its sign whether the bit sent was likely a "0" or a "1", and each reliability value may indicate
through its absolute value how likely it was that that particular bit was sent. For example: (i) a large negative value may
indicate that it was very likely that a "1" was sent; (ii) a small negative value may indicate that it was more likely than
not that a "1" was sent, but there is significant uncertainty; (iii) a small positive value may indicate that it was more likely
than not that a "0" was sent, but there is significant uncertainty; and (iv) a large positive value may indicate that it was
very likely that a "0" was sent. These reliability values are then used by the soft-input decoder to perform error control
decoding.
[0105] An example of one type of reliability value is a Log Likelihood Ratio (LLR). The LLR for each bit may be computed
as follows, with reference to FIG. 5.
[0106] FIG. 5 is an example embodiment of the digital communications system of FIG. 1, with the assumption that the
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decoder 122 is a soft-input decoder that accepts as its input LLR values. The LLR values are output from the constellation
demapper 120.
[0107] In this example embodiment, assume for simplicity that PAM is being used in the constellation mapper 114 to

map each group of m bits to a symbol in a 2m-PAM constellation. Therefore, for each received symbol value y, the

constellation demapper 120 outputs m LLR values, i.e., one LLR value for each bit represented by the received symbol
value y.

[0108] Assume also that the symbol is corrupted by additive noise n. Therefore, the received symbol value is: 

Of course, the transmitted symbol may be corrupted by multiplicative noise (e.g. fading in a channel), but it is

assumed that this is compensated for via known signal processing (e.g. equalizing). Therefore, the additive noise n may
represent additive noise in the channel medium and/or additive noise added through the filtering and signal processing
(e.g. added through imperfect A/D conversion, equalization, etc.). As one example, the additive noise n may be or include
the estimation error of the estimated symbol after channel equalization.
[0109] The LLR for each bit of the m bits transmitted via the symbol xb can be computed as follows: 

[0110] That is, the LLR L(bi) for an ith bit of the m bits transmitted via the symbol xb is computed by:

(a) computing the conditional probability that the bit equals zero given the received value y (i.e. computing P(bi = 0 | y)),
(b) computing the conditional probability that the bit equals one given the received value y (i.e. computing P(bi =1
| y)), and
(c) dividing (a) by (b), and then computing the natural logarithm of this value.

[0111] With such a computation, the sign of L(bi) will represent which bit was more likely to have been transmitted ("0"
or "1"), and the absolute magnitude of L(bi) will represent how likely it was that that particular bit was transmitted.
[0112] It is desired to compute the LLR L(bi) for each of the m bits in a way that is practical and does not use up too
many computational resources.
[0113] Assuming each bit is equally likely to be transmitted and that the noise n of the channel can be modelled as
additive white Gaussian noise (AWGN), then the computation of the LLR L(bi) for each bit of the transmitted symbol can
be reduced to: 

where b is a group of m bits (the "bit vector"), and is the symbol associated with the bit vector b. The notation b,bi

= 0 is the set of all possible bit vectors whose ith bit is 0. Similarly, the notation b,bi = 1 is the set of all possible bit vectors

whose ith bit is 1. Finally, the symbol σ is the standard deviation of the Gaussian distribution of the noise n.
[0114] Computing equation (1) is often impractical since it involves too many computational resources and/or too much
time. This is because equation (1) typically needs to be computed by brute force (exhaustive search). Also, the expo-
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nentials and logarithms are typically computationally intensive. In view of this, the following approximation is often used: 

which simplifies the computation of the LLR to: 

Computing equation (2) is referred to as the Max-Log-MAP LLR calculation.
[0115] Computing equation (2) may require fewer computational resources than computing equation (1). However,
assuming that equation (2) is computed using an exhaustive search (brute force method), it can still involve a lot of
computational resources, especially when the number of bits per symbol (i.e. m) is large. In particular, the complexity
involves O(m2m) subtractions for PAM and O(m2m/2) subtractions for QAM.
[0116] It is possible to develop methods for computing equation (2) using further approximations that sacrifice accuracy
for a reduction in complexity. However, such methods are undesirable because they introduce further LLR distortion. It
is therefore desired to compute the LLR of equation (2) in a way in which complexity can be reduced, but not at the
expense of sacrificing accuracy of the calculation of equation (2) (i.e. not at the expense of introducing further LLR
distortion). Embodiments for computing the LLR that may have such benefits are disclosed below.
[0117] Returning to FIG. 5, the received symbol value y is used by the constellation demapper 120 to obtain an LLR
value for each of the m bits corresponding to y. To help compute the LLR values, the received symbol value y may be
"soft sliced" into m values, one for each of the m bits represented by the value y. These soft sliced values can then be
used to obtain the LLR for each of the m bits.
[0118] "Soft slicing" a received value y refers to a method of deriving m values from the received value y in a way that
facilitates computation of a reliability value (such as the LLR) for each of the m bits using the soft sliced values. Typically,
the soft slicing is also performed in a way that is intuitively meaningful.
[0119] Assuming a 2m-PAM constellation having a distance of 2d between adjacent constellation points, and using a
Gray coding scheme along the lines of that shown in FIG. 2, then one way of soft slicing the received value y is as follows: 

where yi is the ith soft sliced value (sometimes called the ith "soft sliced bit"). As discussed below, soft slicing in this way
can make computation of the LLR in equation (2) simpler. This soft slicing technique is also intuitively meaningful as
follows. To obtain each soft sliced value yi, the PAM constellation can be "folded-and-overlapped". That is, a "fold-and-
overlap" approach can be taken. Specifically, in order to obtain the ith coordinate axis for slicing the soft value yi, the
right half of the (i-1)th coordinate axis is folded and overlapped with the left half. The origin, i.e. the decision boundary,
is shifted to the left by 2m-i d. The received symbol value y is also folded to the left if it is on the right half of the axis.
[0120] To assist in understanding this, please consider the following simple example in relation to FIG. 6, in which an
8-PAM constellation is used with Gray coding. In this case, m = 3 , and so three soft sliced values are derived from the
received symbol value y (i.e. y0, y1, and y2, respectively corresponding to the most significant bit, the middle bit, and the
least significant bit of the 3 bits transmitted via the transmitted symbol). Assume the received symbol value y has a value
between 0 and - d, as shown in the first step of FIG. 6. The first soft sliced value y0 is simply taken as the value y.
Intuitively, this is because the first soft sliced value corresponds to the most significant bit, and the decision threshold
of the most significant bit is the origin. That is, due to the Gray coding, all the most significant bits on the left side of the
axis are "1", and all the most significant bits on the right side of the axis are "0", and so the decision as to what most
significant bit was sent can be made by the sign of the received value y (i.e., if y is negative then "1" was most likely
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sent and if y is positive then "0" was most likely sent). The absolute value of y also indicates how likely it is that that
particular bit was sent, since the farther the value y is from the origin, the more likely the particular bit was sent. Thus,
for the most significant bit, the value of y itself is a good soft-sliced value y0 for the most significant bit.
[0121] For the middle bit, the soft sliced value y1 can then be obtained as shown in step 2 of FIG. 6, i.e, by folding the
right half of the constellation axis on top of the left half of the constellation axis, and then shifting the origin to the left by
2m-i d = 23-1 d = 4d. With this fold, and due to the Gray coding, the new origin of the folded axis is now the decision
threshold for the middle bit. That is, on the left side of folded axis all the middle bits are "1", and on the right side of the
folded axis all the middle bits are "0". Therefore, the received value y on the folded axis is representative of a good soft
sliced value y1 for the middle bit. The received value y on the folded axis is 4d- | y0 |. Thus, the soft-sliced value y1 is 4d - | y0 |.
[0122] For the least significant bit, the soft sliced value y2 can then be obtained as shown in step 3 of FIG. 6, by again
folding the right half of the folded constellation axis on top of the left half of the folded constellation axis, and then shifting
the origin to the left by 2m-i d = 23-2 d = 2d. With this additional fold, and due to the Gray coding, the new origin of the
double-folded axis is now the decision threshold for the least significant bit. That is, on the left side of the double-folded
axis all the least significant bits are "1", and on the right side of the double-folded axis all the least significant bits are
"0". Therefore, the received value y on the double-folded axis is representative of a good soft sliced value y2 for the least
significant bit. The received value y on the double-folded axis is 2d- |y1|. Thus, the soft-sliced value y2 is 2d-|y1|.
[0123] The example described above with reference to FIG. 6 is just one example using 8-PAM to help explain the
intuitive meaning associated with this particular soft-slicing. In general, and as discussed above, assuming a 2m-PAM
constellation having a distance of 2d between adjacent constellation points and Gray coding, then the received value y
may be soft-sliced as follows: 

[0124] In the specific example in FIG. 6 (i.e. for the case of m = 3), then y0 = y , y1 = 4d-|y0|, and y2 = 2d-|y1|.
[0125] As mentioned above, the purpose of soft slicing the received value y is to facilitate the computation of reliability
values, such as the LLR. Let us assume that the LLR for each of the m bits received via the symbol value y is computed
as shown in equation (2): 

[0126] Then, with reference to terms in this equation (which may also be present in other reliability computations),
and with reference to the soft slicing discussed herein, the following three observations are made:

Observation (1):

[0127]

[0128] Similarly, 
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where bi is the ith bit of the hard decision b corresponding to the received value y.
[0129] The hard decision b corresponding to the received value y is the pattern of bits representing the constellation
demapper’s decision/guess as to what pattern of bits were most likely sent via the received symbol. Typically, the hard
decision is the most likely pattern of m bits transmitted given the received value y. In particular, for channel noise modelled
as AWGN, the hard decision of the received symbol value y is the bit pattern corresponding to the transmitted symbol

 that is closest to the received symbol value y in the constellation. For example, with reference to FIG. 6, in this

example, since the received value y is between 0 and - d, then the hard decision is "101" (corresponding to

), since "101" is the bit pattern of the closest symbol.

[0130] Observation (1) is a mathematical equivalence that is self-explanatory on its face. That is, if you determine the

hard decision bits, then  will either be equal to  (if b¡ = k) or equal to

 (if bi ≠ k) since k can only be 0 or 1.

[0131] Therefore, for example, the terms  and  in equation (2) can

be computed by computing  and  If  and

 are computed, then  and  can be com-

puted by computing and squaring each of the values of  and 

[0132] A simplification that allows for  and  to be computed more

easily is the subject of Observations (2) and (3) respectively.

[0133] Observation (2):  where bi is the ith bit of the hard decision b, and

xb is the transmitted symbol corresponding to the hard decision b. To help appreciate this observation, please consider

the following. As mentioned above, for AWGN, the hard decision corresponding to the received value y is the bit pattern
corresponding to the transmitted symbol xb that is closest to the received symbol value y in the constellation. Therefore,

to compute  that is, to compute the minimum of the distances between received symbol value

y and all the transmitted symbols that have the hard decision bit as the ith bit, all that needs to be done is compute the
distance to the hard decision symbol, since it will be closest (and therefore the smallest distance) to the received symbol

^ ^

^

^

^

^ ^

^
^
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value y. That is, 

[0134] Observation (3):  for each soft sliced value yi. To help intuitively

appreciate this observation, consider the soft slicing discussed herein. When the axis is overlapped for computation of
the ith soft slice value yi, then the closest symbol to the received value y on the overlapped axis that has a bit pattern

with an ith bit not equal to the hard decision ith bit is the first symbol on the other side of the decision axis (origin). This
is the minimum distance of all of the distances to each of the symbols having a bit pattern with an ith bit not equal to the

hard decision ith bit:  The computation of this minimum distance is |yi| (to get to the origin of

the overlapped axis) plus the distance between the origin and the first constellation point on the other side of the

overlapped axis (i.e. the distance d). Therefore, 

[0135] In view of the three observations above, there are provided below some methods for computing the LLR via
equation (2).
[0136] For a 2m-PAM constellation having a distance of 2d between adjacent constellation points and Gray coding,
the following method can be performed in order to compute the LLR of equation (2) for each of the m bits corresponding
to a received symbol value y. This method is described with reference to FIG. 7 and is performed by the constellation
demapper 120.
[0137] In step 710, the constellation demapper 120 obtains the received symbol value y.
[0138] Next, in step 712, the constellation demapper 120 obtains the hard decision corresponding to the received
value y. As mentioned above, and in this embodiment, the hard decision corresponding to the received value y is the
most likely pattern of m bits transmitted given the received value y. For channel noise modelled as AWGN, the hard
decision of the received symbol value y is the bit pattern corresponding to the transmitted symbol that is closest to the
received symbol value y in the constellation. The hard decision consists of a pattern of m bits: 

[0139] Then, in step 714, the constellation demapper 120 soft slices the received symbol value y to obtain the m soft-
sliced values y0,..., ym-1. In this specific embodiment, the soft slicing method described above is used, such that the
received value y is sliced into m soft-sliced values y0,..., ym-1 as follows: 

[0140] Next , in step 716, the constellation demapper 120 computes |y - xb|, where xb is the transmitted symbol

corresponding to the hard decision. Recall, from observation (2) that  As

discussed above with reference to observation (2), the computation |y - xb|b is simply the distance to the symbol xb in

the constellation representing the hard decision. That is, |y - xb| is the distance to the symbol in the constellation that is

closest to the received value y.
[0141] One way to compute |y - xb| is to compute it directly since the value y is known (it is received) and since xb can
be determined from the hard decision. Specifically, xb is the symbol in the constellation that represents the bit pattern
corresponding to the hard decision. In this implementation, the hard decision would need to be obtained, if the constellation
demapper 120 does not already have it.
[0142] Another way to easily compute | y-xb | is to use the sliced values computed in step 714. Specifically, for the

^ ^

^ ^

^

^ ^

^
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specific embodiments described herein, the following mathematical equivalency holds: | y - xb, |=|| ym-1 | -d |. To help
intuitively understand this mathematical equivalency, please consider the following. When determining sliced value ym-1
the axis is overlapped such that there are only two constellation points remaining, one on each side of the decision axis
(as in step 3 of FIG. 6, for example). Therefore, the closest constellation point on this folded axis is either d or - d
(depending on which side of the decision threshold ym-1 is on), and therefore the distance between ym-1 and its closest
constellation point is | ym-1 | -d |. Thus, it is possible to compute | y - xb | as || ym-1 | -d |.
[0143] In step 718, the constellation demapper 120 then computes d+ | yi | for each soft sliced value yi. Recall, from
observation (3), that 

[0144] Finally, in step 720, the constellation demapper 120 computes the LLR value: 

by simply substituting in the values computed in steps 716 and 718 as per observation (1). In particu-

lar:  and

 where  

are obtained via the results of steps 716 and 718.
[0145] It will be appreciated that steps 716 and 718 may be computed in any order, or even in parallel (as illustrated).
Also, step 716 may be computed in parallel with one or both of steps 714 and 718.
[0146] By performing the method of FIG. 7, the computational complexity for computing the LLR may be reduced in
comparison to computing equation (2) using a brute force (exhaustive search) approach, particularly when m is large.
However, equation (2) is still computed exactly. That is, no approximation has been introduced to reduce complexity,
just simplifications using the combination of the observations above.
[0147] To help better understand and appreciate the method of FIG. 7, please consider the following simple example.
Assume an 8-PAM constellation with Gray coding, as in FIG. 2. Assume also that there is AWGN, that the transmitted
set of bits is b0b1b2 = 101 (corresponding to transmitted symbol xb = s4 = -d), and that the received symbol value is y =
0.2d . To compute the LLR value of the first bit b0 

via the method of FIG. 7, the following is performed. As per step 712, the hard decision corresponding to the received
value y is obtained, which in this case is b0b1b2 = 001, since y = 0.2d is closest to the symbol xb = s5 = d . Therefore, b0 = 0.
[0148] As per step 714, the value y is then soft sliced to obtain y0 = y , y1 = 4d-|y0| and y2 = 2d-|y1|. As per step 716,
the distance to the closest to the symbol xb (which corresponds to the hard decision) is computed. As discussed above
in relation to step 716, this can be computed by | y-xb |=|| y2 | -d |As also discussed above in relation to step 716: 
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[0149] As per step 718, the value d+|y0 | is also computed. As also discussed above in relation to step 718: 

[0150] Then, as discussed above in relation to observation (1): 

since b0 = 0. This computation reduces to that already computed in step 718. Also 

since b0 = 0. This computation reduces to that already computed in step 716. Thus, the LLR value

can be computed using the computations in steps 714 to 718. If desired, the other LLR values L(b1) and L(b2) may also
be computed using the method above.
[0151] The method of FIG. 7 requires the hard decision b0b1...bm-1. Another embodiment is described with reference
to FIG. 8 in which it is not necessary to explicitly compute the hard decision. This may save additional computations.
[0152] In step 810, the constellation demapper 120 obtains the received symbol value y.
[0153] Next, in step 812, the constellation demapper 120 soft slices the received symbol value y to obtain the m soft-
sliced values y0,..., ym-1. In this specific embodiment, the soft slicing method described above is used, such that the
received value y is sliced into m soft-sliced values y0,...,ym-1 as follows: 

^

^
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[0154] Next , in step 814, the constellation demapper 120 computes | y-xb |, where xb is the transmitted symbol

corresponding to the hard decision. However, the hard decision has not been obtained, and therefore xb has not been

obtained. This is not a problem since, as discussed above with reference to 716, |y - xb |=|| ym-1 | -d | Therefore, in step

814, the constellation demapper 120 computes || ym-1 | -d |. Recall, from observation (2) that

 Therefore,

[0155] In step 816, the constellation demapper 120 then computes d+ | y¡ | for each soft sliced value yi. Recall, from
observation (3), that 

[0156] Finally, in step 818, the constellation demapper 120 computes the LLR value: 

by simply substituting in the values computed in steps 814 and 816 as per observation (1). Note that when substituting
the values in equation (2) as per observation (1), whenever the hard decision bit bi is required, the sign of the corresponding
soft slice value yi can be used. Specifically, if yt ≥ 0, then bi = 0, and if yi < 0 , then bi =1. Therefore: 

[0157] In this way, by performing the method of FIG. 8, it is not necessary to explicitly compute the hard decision of
the received symbol, like is done in step 712 of the method of FIG. 7. This may save some computations and even
further reduce the complexity of the LLR calculation.
[0158] It will be appreciated that steps 814 and 816 may be computed in any order, or even in parallel (as illustrated).
[0159] A variation of the method of FIG. 8 is shown with reference to FIG. 9. In the method of FIG. 9, the sign of each
soft sliced value yi is explicitly used to determine which computation to perform in the steps corresponding to steps 814
and 816 of the method of FIG. 8.
[0160] In step 910, the constellation demapper 120 obtains the received symbol value y.
[0161] Next, in step 912, the constellation demapper 120 soft slices the received symbol value y to obtain the m soft-
sliced values y0,..., ym-1. In this specific embodiment, the soft slicing method described above is used, such that the
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received value y is sliced into m soft-sliced values y0,..., ym-1 as follows: 

[0162] Next , in step 914, the constellation demapper 120 computes  and

 as follows: 

[0163] That is, if yi ≥ 0 , then this indicates that the ith hard decision bit bi is zero, and so

 and

 On the other hand, if yi < 0 , then this indicates

that the ith hard decision bit bi is one, and so  and

[0164] Finally, in step 916, the constellation demapper 120 computes the LLR value: 

by simply substituting in the values computed in step 914: 
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where is that computed in step 914, and

 where  is that computed in step

914.
[0165] The methods of FIGs. 7 to 9 assume Gray coding. However, the methods described herein need not be limited
to Gray coding. Instead, the methods described herein can be adapted for other modulation schemes and/or other bit-
to-symbol mappings. However, the exact way in which the received value y is soft sliced will typically need to be modified
to complement the bit-to-symbol mapping of the constellation.
[0166] Consider, for example, the 8-PAM constellation shown in FIG. 10. This constellation has a different bit-to-
symbol mapping based on natural coding (not Gray coding). Observations (1) to (3) discussed above still apply, as long
as the soft slicing is modified as appropriate to complement the bit-to-symbol mapping. Specifically, for the particular
constellation and bit-to-symbol mapping in FIG. 10, the received value y can be soft sliced as follows: 

[0167] This soft slicing technique is also intuitively meaningful as follows. To obtain each soft sliced value yi, the PAM
constellation can be shifted and overlapped. This is referred to as a "shift-and-overlap" approach. Specifically, in order
to obtain the ith coordinate axis for slicing the soft value yi, the left half of the (i-1)th coordinate axis is shifted to the right
by 2m-i d, and the right half of the (i - 1)th coordinate axis is shifted to the left by 2m-i d. The right and left halves of the (i
-1)th coordinate axes therefore overlap. The received value y is also shifted by the same amount as the side of the axis
it is on. The origin, i.e. the decision boundary, is not moved. The new value of y indicates the next soft sliced value.
[0168] To assist in understanding this, please consider the following simple example in relation to FIG. 11. In this case,
m = 3, and so three soft sliced values are derived from the received symbol value y (i.e. y0, y1, and y2, respectively
corresponding to the most significant bit, the middle bit, and the least significant bit of the 3 bits transmitted via the
transmitted symbol). Assume the received symbol value y has a value between 0 and - d, as shown in the first step of
FIG. 11. The first soft sliced value y0 is simply taken as the value y. Intuitively, this is because the first soft sliced value
corresponds to the most significant bit, and the decision threshold of the most significant bit in this constellation is the
origin. That is, all the most significant bits on the left side of the axis are "1", and all the most significant bits on the right
side of the axis are "0", and so the decision as to what most significant bit was sent can be made by the sign of the
received value y (i.e., if y is negative than "1" was most likely sent and if y is positive than "0" was most likely sent). The
absolute value of y also indicates how likely it is that that particular bit was sent, since the farther the value y is from the
origin, the more likely the particular bit was sent. Thus, for the most significant bit, the value of y itself is a good soft-
sliced value y0 for the most significant bit.
[0169] For the middle bit, the soft sliced value y1 can then be obtained as shown in step 2 of FIG. 11, i.e, by shifting
the left half of the coordinate axis to the right by 2m-i d = 23-1 d = 4d, and the right half of the coordinate axis to the left
by 2m-¡ d = 23-1 d = 4d. The received symbol is also shifted by the same amount as the side of the axis it is on. The
origin, i.e, the decision boundary, remains the same. With this shift, the origin of the overlapped axis is now the decision
threshold for the middle bit. That is, on the left side of overlap axis all the middle bits are "0", and on the right side of the
overlapped axis all the middle bits are "1 ". Therefore, the received symbol on the overlapped axis is representative of
a good soft sliced value y1 for the middle bit. The position of the received symbol on the overlapped axis will depend on
whether it was on the right side of the original axis (i.e. y0 ≥ 0) or whether it was on the left side of the original axis (i.e.
y0 < 0). If it were on the right side of the original axis (i.e. y0 ≥ 0), then the position of the received symbol on the overlapped
axis would be y0 -4d. However, in this example the received symbol is on the left side of the original axis (i.e. y0 < 0),
and therefore its position on the overlapped axis is y0 + 4d. Thus, the soft-sliced value y1 is y0 + 4d.
[0170] For the least significant bit, the soft sliced value y2 can then be obtained as shown in step 3 of FIG. 11, by
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again shifting the left half of the overlapped coordinate axis to the right by 2m-¡ d = 23-2 d = 2d, and the right half of the
coordinate axis to the left by 2m-¡ d = 23-2 d = 2d. The received symbol is again shifted by the same amount as the side
of the axis it is on. The origin, i.e, the decision boundary, remains the same. With this shift, the origin of the double
overlapped axis is now the decision threshold for the least significant bit. That is, on the left side of double overlapped
axis all the least significant bits are "0", and on the right side of the overlapped axis all the least significant bits are "1 ".
Therefore, the received symbol on the double overlapped axis is representative of a good soft sliced value y2 for the
least significant bit. The position of the received symbol on the double overlapped axis will depend on whether it was
on the right side of the single overlapped axis (i.e. y1 ≥ 0) or whether it was on the left side of the single overlapped axis
(i.e. y1 < 0). In this example, it is on the right side of the single overlapped axis (i.e. y1 ≥ 0), and therefore its position on
the double overlapped axis is y1 - 2d.
[0171] The example described above with reference to FIG. 11 is just one example using 8-PAM to help explain the
intuitive meaning associated with this particular soft-slicing. In general, assuming a 2m-PAM constellation having a
distance of 2d between adjacent constellation points and a bit to symbol mapping scheme having a natural coded pattern
along the lines of that shown in FIG. 10, then the received value y may be soft-sliced as follows: 

[0172] In the specific example in FIG. 11 (i.e. for the case of m = 3), then y0 = y , 

[0173] For a constellation with a bit-to-symbol mapping having a natural coded pattern along the lines of that shown
in FIG. 10, the observations (1) to (3) discussed above still hold with the soft slicing discussed above. Therefore, the
method of FIGs. 7 to 9 can be performed, except with the different soft slicing discussed above. That is, the method of
any one of FIGs. 7 to 9 still apply, except that the soft slicing in each of steps 714, 812, and 912 is replaced with the
following soft slicing: 

[0174] The other steps of the methods of FIGS. 7 to 9 remain unchanged.
[0175] As can be appreciated, for other bit to symbol mappings, the methods above can still be applied, but using a
soft slicing technique that complements the specific bit to symbol mapping of the constellation. Two different bit to symbol
mappings and associated soft slicing methods are discussed above by way of example only. Others are possible.
[0176] The example methods described above are specific to computing a reliability value in a 2m-PAM constellation.
That is, it is assumed that the modulation scheme is PAM. However, the methods described herein also apply to computing
reliability values for QAM schemes. In particular, a square or a rectangular QAM can typically be decomposed into two
independent PAM signals, i.e., in-phase and quadraphase signals. In such QAM schemes, a group of consecutive bits
at the input of the constellation mapper can be separated into two sub-groups, in the in-phase bits and the quadraphase
bits. Both sub-groups are mapped to a PAM signal, and then the two PAM signals are combined to form a square or
rectangular QAM signal. For example, FIG. 12 shows a Gray coded 64-QAM signal that can be decomposed into two
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independent Gray coded 8-PAM signals. In this case each group of six consecutive bits is separated alternatively into
two sub-groups, the in-phase bits (illustrated on the top of the figure and bolded), and the quadraphase bits (illustrated
on the left of the figure). Both sub-groups are mapped to a Gray coded 8-PAM signal, and then the two signals are
combined to form a Gray coded 64-QAM signal. As can be seen from FIG. 12, the in-phase and quadraphase bits are
interleaved.
[0177] Hence, the rectangular or square mapper/demapper can be implemented by two independent PAM constellation
mappers/demappers, as shown in FIG. 13, and when performing the demapping, the PAM demapping methods described
herein may be used.
[0178] It will be appreciated that the bit separation and collection in FIG. 12 is not limited to the particular QAM
constellation illustrated, which is Gray coded and in which the in-phase and quadraphase bits are interleaved. Other
coding and bit separation schemes are also possible, such as Gray coded QAM in which the in-phase and quadraphase
bits are concatenated, or natural coded QAM where the in-phase and quadraphase bites are interleaved. For example,
the QAM constellations in references [1] to [4] can be implemented by two independent PAM constellation mappers/dem-
appers. The bibliographic information for references [1] to [4] is at the end of this description.
[0179] Therefore, the methods described herein in relation to PAM constellations can also be applied to QAM con-
stellations by implementing two independent PAM constellation mappers/demappers in the manner described above.
Thus, embodiments of the invention apply to both PAM constellations and QAM constellations.
[0180] Using the methods described above, the complexity for computing the LLR of equation (2) may be reduced
without sacrificing the accuracy of the LLR computation. That is, equation (2) is still computed exactly. The table below
shows an example of the complexity reduction achieved in certain applications in comparison to computing the LLR in
equation (2) using an exhaustive search. The method using an exhaustive search is assumed to calculate the distances

between the received symbol and PAM constellation points on the fly. Hence it results in  additions/sub-

tractions/comparisons. Other exhaustive search implementations are possible, e.g. calculating and saving the distances
between the received symbol and the PAM constellation points for calculating the minimum distances, which reduces

the number of additions/subtractions/comparisons, but does not change the order  and incurs an additional

 memory cost. The method captured in the table below is assumed to be a FIG. 8 implementation, which

results in 3m additions/subtractions/comparisons.

[0181] The bibliographic information for references [1] to [4] mentioned in the table above is at the end of this description.
[0182] Specific examples are described above. More general embodiments will now be described below.
[0183] In the examples above, it is assumed that Log Likelihood Ratio (LLR) values are being computed. More generally,
one or more reliability values may be computed during demapping. Also, the specific constellations, soft slicing methods,
and reliability value computations are just examples.

Application Bits per 
Symbol

Computation of LLR 
of Equation (2)

Number of 
Additions/Subtractions/ 

Comparisons

Complexity 
Reduction

UMTS 64-QAM 
[1], [2]

6 Exhaustive Search 90 80.0%

Method described 
herein

18

HomeGrid 4096-
QAM [3]

12 Exhaustive Search 1524 97.6%

Method described 
herein

36

VDSL2 16348-
QAM [4]

14 Exhaustive Search 3570 98.8%

Method described 
herein

42
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[0184] With this in mind, and more generally, there is provided a method for computing at least one reliability value
from a received symbol value y associated with a constellation. The constellation comprises a set of constellation points
having a minimum distance of 2d between a pair of the constellation points. Examples of such constellations are shown
in FIGs. 2 to 4, 10, and 12, although these are only specific examples. The received symbol value y represents m bits
that were transmitted using a modulation scheme of the constellation. The value m can be any whole number that is
greater than or equal to one (for m = 1 only one bit is transmitted per symbol and only one reliability value is computed).
[0185] With reference to FIG. 14, the following method is performed in some embodiments to demap the received
symbol value y. In step 1402, m initial values y0,y1..., ym-1 are obtained from the received symbol value y , one for each
of the m bits. These initial values may be soft sliced values and/or may be obtained by soft slicing the received symbol
value y. As mentioned earlier, soft slicing is a method of deriving m values from the received value y in a way that
facilitates computation of a reliability value for each of the m bits using the soft sliced values. Typically, the soft slicing
is also performed in a way that is intuitively meaningful, but this need not be the case. Two specific soft-slicing techniques
are discussed above. The specific soft slicing method used is implementation specific and depends upon the bit-to-
symbol mapping of the constellation.
[0186] Next, in step 1404, m reliability values are computed by, for i = 0,..., m-1, computing an ith reliability value
including computing d + | yi | to obtain an ith minimum distance value, where | yi | is an absolute magnitude of the initial
value associated with an ith bit of the m bits, and combining the ith minimum distance value with another minimum distance
value equal to a distance between the received symbol value y and a symbol xb in the constellation corresponding to a
most likely pattern of bits transmitted given the received symbol value y.
[0187] By "combining" the ith minimum distance value with the other minimum distance value, it is meant that these
two values are incorporated into a single value or used to compute a single value. For example, the ith minimum distance
value and the other minimum distance value may be combined by subtracting one from the other, by adding the two
together, by multiplying or dividing the two, or by incorporating the two values into any computation that results in a
single value.
[0188] By performing the method of FIG. 14, computations may be reduced (e.g. by only computing d + | yi | and
combining it with the other minimum distance value in the reliability computation).
[0189] In the method of FIG. 14, m reliability values are computed. In other embodiments, fewer than m reliability
values may be computed (e.g. only one reliability value may be computed for one of the bits). In this case, the method
of FIG. 14 would be modified to only compute a subset of reliability values. The other bits (for which reliability values
were not computed) may, for example, be represented by their hard decision.
[0190] Unlike some of the embodiments described earlier, the method of FIG. 14 is generalized. For example, a method
for computing initial values is not specified. The initial values do not even have to be computed by soft slicing. Also, a
specific constellation is not specified, and a specific reliability computation is not specified. FIG. 14 demonstrates that
the methods described herein can be generalized to constellations, reliability value computations, methods for obtaining
initial values, and other demapping scenarios. Step 1404 uses results discussed in both observations (2) and (3) to
compute the reliability values.
[0191] Optionally, in some embodiments, the other minimum distance value may be computed in the method of FIG.
14 by obtaining the hard decision, and then directly computing the distance between the received symbol value y and
the symbol xb in the constellation corresponding to the hard decision (i.e. by computing | y-xb |). In such embodiments,
the hard decision is the most likely pattern of bits transmitted given the received symbol value y.
[0192] Alternatively, in some embodiments, the other minimum distance value may instead be computed in the method
of FIG. 14 by computing ||ym-1|-d|. In such embodiments, this value is also equal to the distance between the received
symbol value y and the symbol xb in the constellation.
[0193] Optionally, in some embodiments described in relation to FIG. 14, the other minimum distance value may
represent a minimum of a set comprising the distances between the received symbol value y and all points in the
constellation having an associated bit pattern in which a given bit equals the corresponding bit in a hard decision
associated with the received symbol value y.
[0194] Optionally, in some embodiments described in relation to FIG. 14, the minimum distance value d + |yi | may
represent a minimum of a set comprising the distances between the received symbol value y and all points in the
constellation having an associated bit pattern in which the ith bit does not equal the ith bit of the hard decision.
[0195] Optionally, in some embodiments described in relation to FIG. 14, each one of the m reliability values may be

a Log Likelihood Ratio (LLR) computed as:  where

k is a scaling value. For example, k may equal one or another real number (e.g. k may equal 2σ2).

^

^ ^

^
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[0196] Optionally, in some such embodiments, when yi ≥ 0, then  may be computed as the

other mimimum distance value (e.g. || ym-1 | -d |), and  may computed as the ith mimimum distance

value d+ | yi |. Otherwise, when yi < 0 , then  may be computed as the ith mimimum distance value

d + | yi | and  may be computed as the other mimimum distance value. In such embodiments, the

ith minimum distance value and the other minimum distance value are combined by subtracting one from the other.
[0197] Optionally, in some embodiments, the constellation may use Gray coding, natural coding, or another type of
coding.
[0198] Optionally, in some embodiments, the constellation may be square QAM or rectangular QAM, and the dema-
pping may be performed by decomposing the QAM constellation into two independent PAM constellations representing
an in-phase and a quadrature-phase signal respectively, and independently demapping each of the two independent
PAM constellations.
[0199] Optionally, in some embodiments disclosed herein, the value d may be a function of the received energy per

bit, or vice versa. For example, in some embodiments, the received energy per bit is  for both PAM

and square QAM.
[0200] In some embodiments, the methods described herein may further comprise performing the demapping for a
plurality of received symbols, and decoding the plurality of received symbols using the reliability values as inputs to a
soft-input decoder.
[0201] In some embodiments disclosed herein, the demapping is performed at the receiving end of a device (e.g. a
mobile device). For example, the demapping may be performed at a receiver or in a processing unit connected to or
part of the receiver.
[0202] In some embodiments, the demapping is performed by a constellation demapper. The constellation demapper
may be implemented in a receiver in a communication system, or in a processing unit or a digital processing module
connected to or part of the receiver (or receiving end). In some embodiments, the computational steps disclosed herein
may be implemented in (and therefore performed by) a digital signal processor or a field programmable gate array
(FPGA) or an integrated circuit.
[0203] In some embodiments disclosed herein, the one or more reliability values may be forwarded to a soft-input
decoder. However, it is not necessary that the reliability values be forwarded to a decoder, depending on the implemen-
tation and envisioned use of the reliability values.
[0204] In some embodiments, any or all of the methods described herein may be implemented in a mobile device or
any other device that communicates over a wireless channel. Optionally, in such embodiments, the method may further
comprise receiving a wireless signal from a wireless channel, obtaining the received symbol value y from the wireless
signal, and performing decoding using some or all reliability values.
[0205] It will be appreciated that more generally there is provided a method for computing a reliability value for a bit
of a received symbol value y associated with a constellation. An embodiment of one such method is shown in FIG. 15.
With reference to FIG. 15, the reliability value is computed as follows. In step 1502, a first minimum distance value is
obtained, the first minimum distance value being a function of an absolute magnitude of an initial value associated with
the bit. In step 1504, the first minimum distance value is combined with a second minimum distance value, the second
minimum distance value being a function of a distance between the received symbol value y and a symbol xb in the
constellation corresponding to a most likely pattern of bits transmitted given the received symbol value y.
[0206] By "combining" the first minimum distance value with the second minimum distance value, it is meant that these
two values are incorporated into a single value or used to compute a single value. For example, the first minimum
distance value and the second minimum distance value may be combined by subtracting one from the other, by adding
the two together, by multiplying or dividing the two, or by incorporating the two values into any computation that results
in a single value.
[0207] By performing the method of FIG. 15, computations may be reduced
[0208] All of the optional additional features described in relation to FIG. 14 may be included in embodiments described
in relation to FIG. 15.

^
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[0209] FIG. 16 illustrates an embodiment of an apparatus 1202 in a receiving side 1204 of a digital communications
system. The apparatus includes a constellation demapper 1206 for performing the demapping (and hence reliability
value computation(s)) in accordance with any of the embodiments described above. For example, the demapper 1206
may implement the method of FIG. 14 or FIG. 15.
[0210] Although not illustrated, the apparatus 1202 may further include a decoder (such as a soft input decoder) for
decoding using the reliability values computed by the demapper 1206.
[0211] Although not illustrated, the apparatus 1202 may further include a receiver for receiving a signal from a channel
(such as a wireless signal from a wireless channel), and processing circuitry for obtaining the received symbol value
from the received signal.
[0212] In some embodiments, the apparatus 1202 is part of a mobile device, although this need not be the case (the
methods described herein are also applicable to wireline communications systems).
[0213] Finally, in some embodiments, there is provided a computer readable medium having stored thereon computer
executable instructions that, when executed, cause an apparatus (such as a computing device, a mobile device, etc.)
to perform any of the methods described herein.
[0214] As mentioned above, some of the methods described herein may be implemented on a mobile device. Referring
now to FIG. 17, a block diagram is shown of a specific example of a mobile device 1100 that may implement any of the
methods described herein. The mobile device 1100 is shown with specific components for implementing different features
including (for example), the methods described herein. It is to be understood that the mobile device 1100 is shown with
very specific details for exemplary purposes only.
[0215] The mobile device 1100 has a housing that may be elongated vertically, or may take on other sizes and shapes
(including clamshell housing structures). The keyboard 1114 may include a mode selection key, or other hardware or
software for switching between text entry and telephony entry. Alternatively, the mobile device 1100 may have a housing
that does not take on other sizes and shapes.
[0216] A microprocessor 1128 is shown schematically as coupled between a keyboard 1114 and a display 1126. The
microprocessor 1128 controls operation of the display 1126, as well as overall operation of the mobile device 1100, in
response to actuation of keys on the keyboard 1114 by a user.
[0217] In addition to the microprocessor 1128, other parts of the mobile device 1100 are shown schematically. These
include: a communications subsystem 1170; a short-range communications subsystem 1102; the keyboard 1114 and
the display 1126, along with other input/output devices including a set of LEDs 1104, a set of auxiliary I/O devices 1106,
a serial port 1108, a speaker 1111 and a microphone 1112; as well as memory devices including a flash memory 1116
and a Random Access Memory (RAM) 1118; and various other device subsystems 1120. The keyboard 1114, speaker
111, microphone 1112, display 1126, and LEDs 1104 are part of the user-interface.
[0218] The mobile device 1100 may have a battery 1121 to power the active elements of the mobile device 1100.
[0219] The mobile device 1100 is in some embodiments a two-way radio frequency (RF) communication device having
voice and data communication capabilities. In addition, the mobile device 1100 in some embodiments has the capability
to communicate with other computer systems via the Internet. The two-way RF communication is for communicating
with a network.
[0220] Operating system software executed by the microprocessor 1128 is in some embodiments stored in a persistent
store, such as the flash memory 1116, but may be stored in other types of memory devices, such as a read only memory
(ROM) or similar storage element. In addition, system software, specific device applications, or parts thereof, may be
temporarily loaded into a volatile store, such as the RAM 1118. Communication signals received by the mobile device
1100 may also be stored to the RAM 1118.
[0221] The microprocessor 1128, in addition to its operating system functions, enables execution of software appli-
cations on the mobile device 1100. A predetermined set of software applications that control basic device operations,
such as a voice communications module 1130A and a data communications module 1130B, may be installed on the
mobile device 1100 during manufacture. In addition, a personal information manager (PIM) application module 1130C
may also be installed on the mobile device 1100 during manufacture. The PIM application is in some embodiments
capable of organizing and managing data items, such as e-mail, calendar events, voice mails, appointments, and task
items. The PIM application is also in some embodiments capable of sending and receiving data items via a wireless
network 1110. In some embodiments, the data items managed by the PIM application are seamlessly integrated, syn-
chronized and updated via the wireless network 1110 with the device user’s corresponding data items stored or associated
with a host computer system.
[0222] Additional software modules, illustrated as another software module 1130N, may be installed during manufac-
ture.
[0223] Communication functions, including data and voice communications, are performed through the communication
subsystem 1170, and possibly through the short-range communications subsystem 1102. The communication subsystem
1170 includes a receiver 1150, a transmitter 1152, a GPS receiver 1162, and one or more antennas, illustrated as a
receive antenna 1154, a transmit antenna 1156, and a GPS antenna 1164. In addition, the communication subsystem
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1170 also includes a processing module, such as a digital signal processor (DSP) 1158, and local oscillators (LOs) 1160.
The communications subsystem 1170 is used to communicate with a network. The demapping methods described with
reference to the foregoing figures are implemented in the communications subsystem 1170, such as in the DSP 1158.
[0224] The specific design and implementation of the communication subsystem 1170 is dependent upon the com-
munication network in which the mobile device 1100 is intended to operate. For example, the communication subsystem
1170 of the mobile device 1100 may be designed to operate with the Mobitex™, DataTAC™ or General Packet Radio
Service (GPRS) mobile data communication networks and also designed to operate with any of a variety of voice
communication networks, such as Advanced Mobile Phone Service (AMPS), Time Division Multiple Access (TDMA),
Code Division Multiple Access (CDMA), Personal Communications Service (PCS), Global System for Mobile Commu-
nications (GSM), etc. Examples of CDMA include 1X and 1x EV-DO. The communication subsystem 1170 may also be
designed to operate with an 802.11 Wi-Fi network, and/or an 802.16 WiMAX network. Other types of data and voice
networks, both separate and integrated, may also be utilized with the mobile device 1100.
[0225] Network access may vary depending upon the type of communication system. For example, in the Mobitex™
and DataTAC™ networks, mobile devices are registered on the network using a unique Personal Identification Number
(PIN) associated with each device. In GPRS networks, however, network access is typically associated with a subscriber
or user of a device. A GPRS device therefore typically has a UICC, in order to operate on a GPRS network.
[0226] When network registration or activation procedures have been completed, the mobile device 1100 may send
and receive communication signals over the communication network 1110. Signals received from the communication
network 1110 by the receive antenna 1154 are routed to the receiver 1150, which provides for signal amplification,
frequency down conversion, filtering, channel selection, etc., and may also provide analog to digital conversion. Analog-
to-digital conversion of the received signal allows the DSP 1158 to perform more complex communication functions,
such as constellation demapping (e.g. via the methods described above) and decoding. In a similar manner, signals to
be transmitted to the network 1110 are processed (e.g., modulated and encoded) by the DSP 1158 and are then provided
to the transmitter 1152 for digital to analog conversion, frequency up conversion, filtering, amplification and transmission
to the communication network 110 (or networks) via the transmit antenna 1156.
[0227] In addition to processing communication signals, the DSP 1158 provides for control of the receiver 1150, the
transmitter 1152, and the GPS receiver 1162. For example, gains applied to communication signals in the receiver 1150
and the transmitter 1152 may be adaptively controlled through automatic gain control algorithms implemented in the
DSP 1158.
[0228] In a data communication mode, a received signal, such as a text message or downloaded web page, is processed
by the communication subsystem 1170 and is input to the microprocessor 1128. The received signal is then further
processed by the microprocessor 1128 for an output to the display 1126, or alternatively to some other auxiliary I/O
devices 1106. A device user may also compose data items, such as e-mail messages, using the keyboard 1114 and/or
some other auxiliary I/O device 1106, such as a touchpad, a rocker switch, a thumb-wheel, or some other type of input
device. The composed data items may then be transmitted over the communication network 1110 via the communication
subsystem 1170.
[0229] In a voice communication mode, overall operation of the device is substantially similar to the data communication
mode, except that received signals are output to a speaker 1111, and signals for transmission are generated by a
microphone 1112. Alternative voice or audio I/O subsystems, such as a voice message recording subsystem, may also
be implemented on the mobile device 1100. In addition, the display 1126 may also be utilized in voice communication
mode, for example, to display the identity of a calling party, the duration of a voice call, or other voice call related
information.
[0230] Location determination using GPS technology involves receiving GPS signals from GPS satellites 1166 on the
antenna 1164. The GPS signals are received using the GPS receiver 1162 and processed by the DSP 1158. Typically,
GPS signals from at least four satellites are processed. Further details of GPS are known in the art and are omitted for
simplicity.
[0231] The short-range communications subsystem 1102 enables communication between the mobile device 1100
and other proximate systems or devices, which need not necessarily be similar devices. For example, the short range
communications subsystem may include an infrared device and associated circuits and components, or a Bluetooth™
communication module to provide for communication with similarly-enabled systems and devices.
[0232] Although the foregoing has been described with reference to certain specific embodiments, various modifications
thereof will be apparent to those skilled in the art without departing from the scope of the claims appended hereto.
[0233] Bibliographic information for references [1] to [4] mentioned in the foregoing description:

[1] "Physical Channels and Modulation, Section 7.1 Modulation mapper", 3GPP Standard TS 36.211 V9.1.0, p.p.
79-81 March 2010.

[2] "Spreading and Modulation Section 5.1.1 Modulation mapper", 3GPP Standard TS 25.213 V9.2.0, p.p. 26-28,
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October 2010.

[3] "Unified High-Speed Wireline-Based Home Networking Transceivers - System Architecture and Physical Layer
Specification, Section 7.1.4.3.1.1 Constellations for even number of bits", ITU-T Standard G.9960, p.p. 86-88, De-
cember 2011.

[4] "Very High Speed Digital Subscriber Line Transceivers 2 (VDSL2), Section 10.3.3.2.1 Even values of b", ITU-T
Standard G.993.2, pg. 88, December 2011.

Claims

1. A method of computing a reliability value for a bit of a received symbol value y (119) associated with a constellation;
the method comprising:

computing the reliability value by obtaining a first minimum distance value, the first minimum distance value
being a function of an absolute magnitude of an initial value associated with the bit, and combining the first
minimum distance value with a second minimum distance value, the second minimum distance value being a
function of a distance between the received symbol value y (119) and a symbol xb in the constellation corre-
sponding to a most likely pattern of bits transmitted given the received symbol value y (119).

2. The method of claim 1, wherein the second minimum distance value is equal to the distance between the received
symbol value y (119) and the symbol xb in the constellation corresponding to the most likely pattern of bits transmitted
given the received symbol value y (119).

3. The method of claim 1 or claim 2, wherein said combining the first minimum distance value with the second minimum
distance value comprises either subtracting the first minimum distance value from the second minimum distance
value or subtracting the second minimum distance value from the first minimum distance value.

4. The method of any one of claims 1 to 3, further comprising:

receiving a wireless signal from a wireless channel (108);
obtaining the received symbol value y (119) from the wireless signal;
performing decoding using the reliability value.

5. The method of any one of claims 1 to 4, wherein the constellation is square QAM or rectangular QAM, wherein the
reliability value is computed as part of demapping, and wherein the demapping is performed by decomposing the
QAM constellation into two independent PAM constellations representing an in-phase and a quadrature-phase signal
respectively, and independently demapping each of the two independent PAM constellations.

6. The method of any one of claims 1 to 5, further comprising: obtaining a hard decision representing the most likely
pattern of bits transmitted given the received symbol value y (119), and computing the second minimum distance
value by directly computing the distance between the received symbol value y (119) and the symbol xb in the
constellation corresponding to the hard decision.

7. The method of any one of claims 1 to 6, wherein the constellation comprises a set of constellation points having a
minimum distance of 2d between a pair of the constellation points, and wherein the first minimum distance value is
equal to d plus the absolute magnitude of the initial value.

8. The method of any one of claims 1 to 6, wherein the constellation comprises a set of constellation points having a
minimum distance of 2d between a pair of the constellation points, the received symbol value y (119) represents m
bits (116) that were transmitted using a modulation scheme of the constellation; the method further comprising:

obtaining m initial values y0, y1,..., ym-1 from the received symbol value y , one for each of the m bits (116), the
initial value being a kth one, yk, of the m initial values;
computing the first minimum distance value as d + | yk |, where | yk | is the absolute magnitude of the initial value;
computing the second minimum distance value as a value equal to the distance between the received symbol
value y (119) and the symbol xb in the constellation corresponding to the most likely pattern of bits transmitted

^

^

^
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given the received symbol value y (119).

9. The method of claim 8, further comprising computing the second minimum distance value as | ym-1 | -d |.

10. The method of claim 8 or claim 9, wherein Gray coding is used in the constellation, and wherein said obtaining m
initial values y0, y1,..., ym-1 from the received symbol value y comprises:

selecting the received symbol value y as a first initial value y0;
for k = 1,...,m-1, computing a kth initial value, yk, as yk = 2m-k d- |yk-1|.

11. The method of claim 8 or claim 9, wherein natural coding is used in the constellation, and wherein said obtaining m
initial values y0, y1 ,..., ym-1 from the received symbol value y (119) comprises:

selecting the received symbol value y (119) as a first initial value y0;

for k = 1,...,m - 1, computing a kth initial value, yk, as 

12. The method of any one of claims 8 to 11, further comprising computing m reliability values, one of the m reliability
values being said reliability value; wherein the m reliability values are computed by, for i = 0,..., m - 1, computing
an ith reliability value including computing d + | yi | to obtain an ith first minimum distance value, and combining the
ith first minimum distance value with the second minimum distance value.

13. The method of claim 12, wherein the initial values are soft-sliced values, wherein the constellation is either a Pulse
Amplitude Modulation (PAM) constellation or a Quadrature Amplitude Modulation (QAM) constellation, and wherein
each one of the m reliability values is a Log Likelihood Ratio (LLR) computed as: 

wherein the ith first minimum distance value is used to compute one of  and

and wherein the second minimum distance value is used to compute the other of

 and  and where b is a bit vector of m bits,  is a symbol in the

constellation associated with the bit vector b, b, bi = 0 is a set of all possible bit vectors whose ith bit is 0, b,bi = 1 is

a set of all possible bit vectors whose ith bit is 1, k is a scaling factor,  represents the absolute value of

the difference between the received symbol value y and the symbol  is a minimum of

the set of values  for b, bi = 1 and  is a minimum of the set of values 

for b, bi =0.

14. An apparatus in a digital communications system for implementing the method of any one of claims 1 to 13.
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15. A computer readable medium having stored thereon computer executable instructions that, when executed, cause
an apparatus to implement the method of any one of claims 1 to 13.
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