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(54) Method for executing a Lenstra-Lenstra-Lovasz lattice reduction

(57) The present invention concerns a method for
executing a Lenstra-Lenstra-Lovász lattice reduction in
a receiver receiving constellation points through a Multi
Input Multi Output channel, from a matrix representing
the Multi Input Multi Output channel which is decom-
posed into a unitary matrix Q, an upper triangular matrix
R, and an unimodular matrix T. The method:
- reduces the k-th column of the upper triangular matrix
R and updating the unimodular matrix T into a new uni-
modular matrix, k being a variable indicating the rank of
a column within the reduced upper triangular matrix R,
- permutes the k-th and the k-1-th columns of the reduced
upper triangular matrix R and of the new unimodular ma-
trix T according to a comparison between the elements
of the k-1th and k-th row of the k-th column of the reduced
upper triangular matrix R,
- triangularizes the reduced upper triangular matrix R of
which columns are permuted into a new reduced upper
triangular matrix and updating the unitary matrix Q into
a new unitary matrix.
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Description

[0001] The present invention relates generally to a method and a device for executing a Lenstra-Lenstra-Lovász lattice
reduction in a receiver receiving constellations points through a Multi Input Multi Output channel.
[0002] Multi antenna technique, named MIMO (Multiple Input Multiple Output) may be used for digital video broad-
casting systems. For example, a two stream MIMO scheme enables to increase twice the data rate of the broadcasting
system.
[0003] The increase of the number of transmit antennas allows an improvement of the system robustness at the price
of a drastic increase of the receiver complexity.
[0004] Lattice reduction based receivers allows to obtain quasi-optimal performance with a low complexity as soon
as the pre-processing of the lattice reduction is not taken into account.
[0005] Classically, a Subspace Latice Reduction Aided Receiver provides near optimal performance with limited com-
plexity.
[0006] Let us consider the transmission of Nt symbols of a QAM constellation over a MIMO channel with Nt transmit
and Nr receive antennas. The channel between the source and the receiver may be represented by a Nr 3 Nt complex
matrix H.
[0007] At the receiver, the received symbol y may be represented by a vector of Nr complex entries which is the result
of an addition of the linear observation Hz and a complex Gaussian noise vector η of Nr complex gaussian noise samples.
This leads to the following channel model : 

where E[zz†] = ρI and E[ηη†] = I, ρ denotes by definition the signal to noise ratio (SNR), I is the identity matrix, E[] denotes
the mathematical expectation and † denotes the Hermitian transpose operator.
[0008] The receiver performs hard output decisions for MIMO channels, for example in order to get a list of points
further used for computing a soft ouput on the bits associated to the transmitted constellation points vector. The receiver
performs a combination of several steps in order to modify the channel before a regular Serial Interference Cancellation
scheme (SIC).
[0009] First, the MIMO channel is for example pre-filtered by a Minimum-Mean-Square-Error (MMSE) Generalized
Decision Feedback Equalizer (GDFE) linear filter, then the filtered channel is reduced, for example using a Lenstra-
Lenstra-Lovász ( LLL) lattice reduction algorithm and finally decomposed into an upper triangular channel that allows
to decode the received constellation point using the SIC strategy.
[0010] Finally, the decoded points are converted by the basis change matrix, matrix which is deduced from the lattice
reduction.
[0011] In the state of art, the above mentioned steps are computed separately.
[0012] Let us consider a particular case where the channel complex matrix is characterized by an upper triangular
matrix M. This leads to the following general channel model 

[0013] This model may be obtained from the MIMO channel model by applying a Cholesky decomposition of H = QHM

into a unitary matrix QH and the upper triangular matrix M, and by filtering the received vector y by  as follows

[0014] A lattice reduction step is then applied to reduce M = MrT-1 where Mr is a reduced channel and T a unimodular
matrix. A unimodular matrix is a square matrix, with gaussian integer entries for the complex case, matrix having deter-
minant equal to +1 or -1.
[0015] The lattice reduction breaks the triangular structure of M. Then, a QR decomposition Mr = QR, where Q is
unitary and R upper triangular, must be computed in order to obtain 
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where a SIC decoder of T-1z can be used thanks to the triangular structure of the matrix R and exhibits high performance.
The estimation of z is then obtained by multiplying the decoded estimation of T-1z by T.
[0016] The present invention aims at providing a method and a device which enable to reduce the complexity of the
Subspace Latice Reduction Aided Receiver.
[0017] To that end, the present invention concerns a method for executing a Lenstra-Lenstra-Lovász lattice reduction
in a receiver receiving constellation points through a Multi Input Multi Output channel, from a matrix representing the
Multi Input Multi Output channel which is decomposed into a unitary matrix Q, an upper triangular matrix R, and an
unimodular matrix T, characterized in that the method comprises the steps of:

- reducing the k-th column of the upper triangular matrix R and updating the unimodular matrix T into a new unimodular
matrix, k being a variable indicating the rank of a column within the reduced upper triangular matrix R,

- permuting the k-th and the k-1-th columns of the reduced upper triangular matrix R and of the new unimodular matrix
T according to a comparison between the elements of the k-1th and k-th row of the k-th column of the reduced upper
triangular matrix R,

- triangularizing the reduced upper triangular matrix R of which columns are permuted into a new reduced upper
triangular matrix and updating the unitary matrix Q into a new unitary matrix.

[0018] The present invention also concerns a device for executing a Lenstra-Lenstra-Lovász lattice reduction in a
receiver receiving constellation points through a Multi Input Multi Output channel, the Lenstra-Lenstra-Lovász lattice
reduction from an upper triangular matrix M of the Multi Input Multi Output channel providing a reduced upper triangular
matrix R, a unitary matrix Q and an unimodular matrix T, characterized in that the device comprises:

- means for reducing the k-th column of the upper triangular matrix R and updating the unimodular matrix T into a
new unimodular matrix, k being a variable indicating the rank of a column within the reduced upper triangular matrix R,

- means for permuting the k-th and the k-1-th columns of the reduced upper triangular matrix R and of the new
unimodular matrix T according to a comparison between the elements of the k-1th and k-th row of the k-th column
of the reduced upper triangular matrix R,

- means for triangularizing the reduced upper triangular matrix R of which columns are permuted into a new reduced
upper triangular matrix and updating the unitary matrix Q into a new unitary matrix.

[0019] Thus, the implementation complexity is kept low by performing a joint reduction and QR operation.
[0020] According to a particular feature, the reduced upper triangular matrix R, the unitary matrix Q and the unimodular
matrix T satisfy the following formula ,
[0021] M=QRT-1, where M is an upper triangular matrix M of the Multi Input Multi Output channel.
[0022] Thus, the decomposition M=QRT-1 of the upper triangular matrix M allows for using a SIC decoder on a reduced
upper triangular matrix R, which gives high performance and low complexity.
[0023] According to a particular feature, the method comprises further step of:

- updating the variable indicating the rank of the column,

[0024] And the reducing, the permuting, the triangularization are executed iteratively on the new upper triangular matrix
R, the new unimodular matrix and the new unitary matrix.
[0025] Thus, the computation of the Lenstra-Lenstra-Lovász lattice reduction is performed in an iterative fashion that
improves the decomposition of the upper triangular matrix M of the Multi Input Multi Output channel after each iteration.
[0026] According to a particular feature, the new reduced upper triangular matrix R, the new unitary matrix Q and the
new unimodular matrix T satisfy the following formula:

M=QRT-1, where M is the upper triangular matrix M of the Multi Input Multi Output channel.

[0027] Thus, the decomposition M=QRT-1 of the upper triangular matrix M of the Multi Input Multi Output channel is
kept the same during the Lenstra-Lenstra-Lovász lattice reduction computation, which allows for using a SIC decoder
on a reduced upper triangular matrix R, which gives high performance and low complexity.
[0028] According to a particular feature, the receiver calculates a coefficient α = aRk-1,k/Rk-1,k-1Ò, where a.Ò is a rounding
operation taking the closest integer on the real and imaginary part independently, Rk-1,k is the k-1-th element of the k-
th column o f R and Rk-1,k-1 is the k-1-th element of the k-1-th column o f R, the reducing of the upper triangular matrix
is performed using the following formula ∀1 ≤ i ≤ k -1, Ri,k ← Ri,k - αRi,k-1 and the update of the unimodular matrix T is
performed according to the following formula: 
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[0029] Thus, the triangular shape of R is taken into account for saving computations and the matrix R is kept triangular
and the matrix T updated accordingly.
[0030] According to a particular feature, the permutation is performed if δ| Rk-1,k |2 >| Rk-1,k |2 + |Rk,k|2 wherein δ is a
parameter upper than © and lower than or equal to 1.
[0031] Thus, the permutation is performed only when the vectors associated to the dimensions k and k-1 have a
particular geometrical property.
[0032] According to a particular feature, the variable k indicating the rank of the column is updated as: if δ|Rk-1,k |2 >|
Rk-1,k |2 + |Rk,k|2 then k ← max(k-1,2), else k←k+1.
[0033] Thus, the dimension index takes into account the permutation of vectors in the computation process.
[0034] According to a particular feature, the variable k indicating the rank of the column is updated as: k ← mod(k-
1,n-1)+2 where mod is the modulo operation.
[0035] Thus, the dimension index is easier to compute.
[0036] According to a particular feature, the method is executed in a hard output decision algorithm and the size of
the upper triangular matrix M is equal to the number of antennas of the source which transmits the constellation points.
[0037] Thus, a hard output is obtained with high performance and low complexity.
[0038] According to a particular feature, the upper triangular matrix M is obtained using a QR filter and at a first iteration
the upper triangular matrix R is equal to the upper triangular matrix M, the unitary matrix Q and the unimodular matrix
T are set to the identity matrix.
[0039] Thus, after the prefiltering step, the equivalent channel is upper triangular and the invention can be applied.
[0040] According to a particular feature, the matrix representing the Multi Input Multi Output channel is obtained using
a MMSE-GDFE prefiltering and at a first iteration the upper triangular matrix R is equal to the upper triangular matrix M,
the unitary matrix Q and the unimodular matrix T are set to the identity matrix.
[0041] Thus, after the MMSE-GDFE prefiltering step, the equivalent channel is upper triangular and has better geo-
metrical properties and the invention can be applied and shows improved performance.
[0042] According to a particular feature, the method is executed in a soft output decision algorithm and the size of the
upper triangular matrix M is equal to the number of antennas minus one of a source which transmits the constellation points.
[0043] Thus, a soft output providing high performance can be computed with limited complexity.
[0044] According to a particular feature, the contribution of assumed transmitted symbols are subtracted from the
received contellation points and a prefiltering which takes into account the subtraction is performed in order to provide
the upper triangular matrix.
[0045] Thus, a soft output providing even higher performance can be computed with limited complexity.
[0046] According to still another aspect, the present invention concerns computer programs which can be directly
loadable into a programmable device, comprising instructions or portions of code for implementing the steps of the
methods according to the invention, when said computer programs are executed on a programmable device.
[0047] Since the features and advantages relating to the computer programs are the same as those set out above
related to the methods and apparatus according to the invention, they will not be repeated here.
[0048] The characteristics of the invention will emerge more clearly from a reading of the following description of an
example embodiment, the said description being produced with reference to the accompanying drawings, among which :

Fig. 1 represents a wireless system in which the present invention is implemented;
Fig. 2 is a diagram representing the architecture of a receiver in which the present invention is implemented;
Fig. 3 discloses a block diagram of components of the wireless interface of the receiver in a mode of realization
wherein the receiver performs hard output decisions for MIMO channel;
Fig. 4 discloses an algorithm which is executed for the Nr 3 Nt paths beteween the source and the receiver in a
mode of realization wherein the receiver performs hard output decisions for MIMO channel;
Fig. 5 represents an algorithm which performs the joint QR decomposition and effective LLL reduction according to
the present invention;
Fig. 6 discloses a block diagram of components of the wireless interface of the receiver in a mode of realization
wherein the receiver performs soft output decisions for MIMO channel;
Fig. 7 is an algorithm for a soft output decoding of the received constellation points according to a particular mode
of realization of the present invention.

[0049] Fig. 1 represents a wireless system in which the present invention is implemented.
[0050] The present invention will be disclosed in an example in which the signals transferred by a source Src are
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transferred to receivers Rec.
[0051] For example, the source Src may be included in a satellite or in a terrestrial transmitter and broadcasts signals
to at least one receiver, the source Scr may also transfer signals to a single receiver Rec.
[0052] The receiver Rec may be a mobile terminal to which data like video signals are transferred.
[0053] According to the invention, the receiver Rec executes a Lenstra-Lenstra-Lovász lattice reduction in a receiver
receiving constellation points through a Multi Input Multi Output channel, the Lenstra-Lenstra-Lovász lattice reduction
being computed from an upper triangular matrix M of the Multi Input Multi Output channel and providing a reduced upper
triangular matrix R, a unitary matrix Q and an unimodular matrix T. The receiver Rec:

- reduces the k-th column of the reduced upper triangular matrix R and updating the unimodular matrix T, k being a
variable indicating the rank of a column within the reduced upper triangular matrix R,

- permutes the k-th and the k-1-th columns of the reduced upper triangular matrix R and of the unimodular matrix T
according to a comparison between the elements of the k-1th and k-th row of the k-th column of the reduced upper
triangular matrix R,

- triangularizes the reduced upper triangular matrix R and updating the unitary matrix Q,
- updates the variable indicating the rank of the column,
- executes the reducing, the permuting, the triangularizing and the updating as far as the variable indicating the rank

of the column is equal to a predetermined value.

[0054] Fig. 2 is a diagram representing the architecture of a receiver in which the present invention is implemented.
[0055] The receiver Rec has, for example, an architecture based on components connected together by a bus 201
and a processor 200 controlled by the program as disclosed in Figs. 4, 5 and 7.
[0056] It has to be noted here that the receiver Rec may have an architecture based on dedicated integrated circuits.
[0057] The bus 201 links the processor 200 to a read only memory ROM 202, a random access memory RAM 203
and a wireless interface 205.
[0058] The memory 203 contains registers intended to receive variables and the instructions of the programs related
to the algorithm as disclosed in Figs. 4, 5 and 7.
[0059] The processor 200 controls the operation of the wireless interface 205.
[0060] The read only memory 202 contains instructions of the programs related to the algorithms as disclosed in Figs.
4, 5 and 7, which are transferred, when the receiver Rec is powered on, to the random access memory 203.
[0061] Any and all steps of the algorithms described hereafter with regard to Figs. 4, 5 and 7 may be implemented in
software by execution of a set of instructions or program by a programmable computing machine, such as a PC (Personal
Computer), a DSP (Digital Signal Processor) or a microcontroller; or else implemented in hardware by a machine or a
dedicated component, such as an FPGA (Field-Programmable Gate Array) or an ASIC (Application-Specific Integrated
Circuit).
[0062] In other words, the receiver Rec includes circuitry, or a device including circuitry, causing the receiver Rec to
perform the steps of the algorithms described hereafter with regard to Figs. 4, 5 and 7.
[0063] The wireless interface 205 comprises components as disclosed in Fig. 3.
[0064] Fig. 3 discloses a block diagram of components of the wireless interface of the receiver in a mode of realization
wherein the receiver performs hard output decisions for MIMO channel.
[0065] According to the invention, the effective LLL algorithm is modified in order to jointly perform the QR decompo-
sition, the LLL reduction and the computation of T with an efficient computational complexity. The output R of the joint
QR decomposition and effective LLL reduction module 301 is provided to a SIC module 302, the output Q of the joint
QR decomposition and effective LLL reduction module 301 is provided to a Rotation module 305 and the output T of
the joint QR decomposition and effective LLL reduction module 301 is provided to the base transform module 303.
[0066] The joint QR decomposition and effective LLL reduction module 301 performs, according to the present inven-
tion, a joint QR decomposition and an effective LLL reduction. The joint QR decomposition and effective LLL reduction
module 301 executes the algorithm disclosed in Fig. 5.
[0067] The prefiltering computation module 300, from a channel estimate H between the source Src and the receiver
Rec, performs a prefiltering computation by a prefiltering matrix that converts the initial channel into a new one which is
easier to decode as it is modelized into an upper triangular matrix, or allows to provide improved performance, such as
a QR filter as described in Lai, T.X.; Muruganathan, S.D.; Sesay, A.B., "SPC07-3: An Iterative QR-SIC Receiver for
Concatenated Space Frequency Coding Schemes in Severe Multipath Channels," Global Telecommunications Confer-
ence, 2006. GLOBECOM ’06. IEEE, vol., no., pp.1,5, Nov. 27 2006-Dec. 1 2006 or a MMSE-GDFE pre-filter as described
in "MMSE-GDFE Lattice Decoding for Under-determined Linear Channels", Mohamed Oussama Damen, Hesham El
Gamal and Giuseppe Caire, International Symposium on Information Theory, 2004.
[0068] The upper triangular matrix computed by the prefiltering computation module 300 is provided to the joint QR
decomposition and effective LLL reduction module 301 and the prefiltering matrix is provided to the prefiltering module
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304.
[0069] The prefiltering module 304 prefilters the received constellation points using the prefiltering matrix provided by
the prefiltering computation module 300.
[0070] The prefiltered received constellation points are provided to the rotation module 305 which rotates the prefiltered
received constellation points according to the output Q of the joint QR decomposition and effective LLL reduction module
301.
[0071] The output of the Rotation module 305 is provided to the SIC module 302.
[0072] The Sic module performs a regular Serial Interference Cancellation scheme on the rotated prefiltered received
constellation points provided by the rotation module 305 based on the output R of the joint QR decomposition and
effective LLL reduction module 301 is provided to a SIC module 302.
[0073] The output of the SIC module 302 is provided to the base transform module which performs a base transform
on the output of the SIC module 302 based on the the output T of the joint QR decomposition and effective LLL reduction
module 301.
[0074] Fig. 4 discloses an algorithm which is executed for the Nr 3 Nt paths between the source and the receiver.
[0075] At step S400, a prefiltering computation is performed based on a channel estimate H between the source Src
and the receiver Rec. The prefiltering step provides a prefiltering matrix and a prefiltered channel in the form of an upper
triangular matrix for example using a QR filter or a MMSE-GDFE filter as disclosed in Lai, T.X.; Muruganathan, S.D.;
Sesay, A.B., "SPC07-3: An Iterative QR-SIC Receiver for Concatenated Space Frequency Coding Schemes in Severe
Multipath Channels," Global Telecommunications Conference, 2006. GLOBECOM ’06. IEEE, vol., no., pp.1,5, Nov. 27
2006-Dec. 1 2006.
[0076] At step S401, a prefiltering is performed on the received constellation points based on the prefiltering matrix
computed at step S400.
[0077] At step S402, a joint QR decomposition and an effective LLL reduction is performed. According to the invention,
the effective LLL algorithm is modified in order to jointly perform the QR decomposition, the LLL reduction and the
computation of T with an efficient computational complexity. The step S402 will be disclosed with more details in reference
to Fig. 5.
[0078] At step S403, a rotation is performed on the prefiltered received constellation points using the output Q of the
joint QR decomposition and effective LLL reduction step.
[0079] At step S404, a SIC computation is performed using the output of the rotation step and the equivalent channel
output R of the joint QR decomposition and effective LLL reduction step.
[0080] At step S405, a base transform is performed on the output of the SIC step using the output T of the joint QR
decomposition and effective LLL reduction step.
[0081] Fig. 5 represents an algorithm which performs the joint QR decomposition and effective LLL reduction according
to the present invention.
[0082] At step S500, the upper triangular matrix M is obtained. The upper triangular matrix M is for example obtained
from the prefiltering computation step of Fig. 4. The matrix M is for example obtained by applying a QR decomposition
of H = QHM. The matrix M is a n*n matrix. If the present algorithm is executed for a hard output decision for MIMO
channel, n is equal to Nt, if the present algorithm is executed for a soft output decision as illustrated in Fig. 7 for MIMO
channel, n is equal to Nt -1. At the same step, a parameter 1 / 2 < δ ≤ 1 is obtained.
[0083] At next step S501, the matrix R is set equal to the matrix M, the matrix T is set to the identity matrix I, the matrix
Q is set to the identity matrix I and the variable k is set equal to two.
[0084] At next step S502, it is checked if k ≤ n .
[0085] If k ≤ n , the next step of the algoritm is S503, otherwise, the present algorithm is interrupted.
[0086] Alternatively, a number of iteration is monitored and the algorithm stops if a predetermined amount of iteration
is attained.
[0087] At step S503, a size reduction of the k-th column of R against the k-1th column of R is performed. A coefficient
α is determined as α = aRk-1,k / Rk-1,k-1Ò, where a.Ò is a rounding operation taking the closest integer on the real and
imaginary part independently. The computation for the coefficient α is reduced by taking into account the upper triangular
shape of R.
[0088] The size reduction of R is then performed as: 

[0089] This computation is reduced by taking into account the triangular shape of R. At step S504, the k-th column of
T is updated as: 
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[0090] At next step S505, it is checked if a permutation needs to be performed. The permutation is performed if δ|Rk-1,k
|2 >| Rk-1,k|2 + |Rk,k|2.
[0091] If no permutation needs to be performed, the algorithm moves to step S508. Otherwise the algorithm moves
to step S506.
[0092] At step S506, the permutation of k-th and k-1-th columns of R and T are performed.
[0093] At step S507, the re-triangularization of R and update of Q is performed.
[0094] The re-triangularization of R and update of Q may be computed as follows.
[0095] For example a QR decomposition is performed that leads to R = GR’ and the update of R corresponds to R’.
The update of Q is GQ.
[0096] For example, as only the rows k and k-1 break the triangular structure, the 2 3 2 matrix R[k-1,k],[k-1,k] = GR’ is
extracted and decomposed. The notation A[i,j],[k,l] denotes the extraction of the j-i+13l-k+1 matrix from the rows i to j
and columns k to l of the matrix A.
[0097] The update of R is then R: R[k-1,k],[1,n] ← G’R[k-1,k],[1,n] ·
[0098] The update of Q is then Q : Q[1,n],[k-1,k] ← Q[1,n],[k-1,k]G.
[0099] The computation of G may be performed as: 

where θ1 = atan(|Rk,k-1|/|Rk-1,k-1|), θ2 = -arg(Rk-1,k-1) and θ3 = -arg(Rk,k-1), where arg is the argument of a complex number,
or in other words its angle in polar coordinates.
[0100] At step S508, the variable k is updated as: if δ|Rk-1,k|2>|Rk-1,k|2 + |Rk,k|2 then k ← max(k-1,2), else k←k+1.
[0101] Alternatively, the variable k is updated as: k ← mod(k-1,n-1)+2 where mod is the modulo operation.
[0102] Fig. 6 discloses a block diagram of components of the wireless interface of the receiver in a mode of realization
wherein the receiver performs soft output decisions for MIMO channel by using a SLRAD architecture.
[0103] The wireless interface 205 comprises Nt modules 6001 to 600Nt. Each module 6001 to 600Nt comprises ω
modules 6101 to 610ω. ω is the total number of possible constellation points for each of the Nt antennas.
[0104] Each module 6101 to 610ω comprises a prefiltering computation module 620, a joint QR and effective LLL
reduction module 621, a SIC module 622, a base transform module 623, a subtracting module 626, a prefiltering module
624 and a rotation module 625.
[0105] The prefiltering computation module 620 computes a prefilter that provides a new channel in the form of an
upper triangular matrix as follows:
[0106] Let us define ei as a row vector of size Nt comprising all zeros entries but in the i -th position having a one. eix
denotes the selection of the i -th element xi of the vector x.
[0107] We define the Nt-13Nt matrix Ei as an Nt 3 Nt identity matrix from which the i -th row have been removed as

Eix removes the i -th element xi from the vector x. As a result, it can be noted that 

[0108] Thus, when we assume that the i-th component of the transmitted vector is zi, its contribution  can be

removed from the received point, this leads to the following equivalent channel model 

[0109] We can observe in the equivalent channel model that the equivalent noise  depends both

on the really transmitted symbol zi which is unknown to the receiver and on its assumed value zi.

[0110] According to the invention, the Nt*ω modules 610 consider that all the possible symbols zi are transmitted and
a MMSE filter Fzi

 is applied accordingly, leading to the model 

^

^

^

^
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where z’i = Eiz carries Nt -1 constellation symbols to be decoded. By using  and 

[0111] The linear filter Fzi
 is optimized so as to minimize the MSE, which leads to, by using E[z] = 0 :

which after mathematical manipulation is equal to 

where A = H†H + ρ-1I. That expression allows to reduce the implementation complexity.
[0112] Indeed, only one matrix inversion A-1 is done in common for all the Fzi

. associated to the same initial channel
matrix H.
[0113] In the worst case, for example when the MIMO channel H changes at each channel use, the matrix inversion
A-1 is common for the ω.Nt modules 610.
[0114] The equivalent noise η’i being correlated: 

we then apply an upper triangular noise whitening filter Wzi
 such that  given by 

where  is only computed for each new dimension i, but not for any zi, and where 

[0115] The matrix Wzi
 is obtained from a Cholesky decomposition, and the new channel model is 

^

^

^

^

^
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where η"i is non-correlated and the new channel Wzi is upper triangular.
[0116] The prefiltering Wzi Fzi is provided to the block 624 and the new channel Wzi to the block 621.
[0117] The received constellation points are processed by the subtracting module 626 . The subtracting module 626

performs the following operation on the received constellation points: 

[0118] The output of the subtracting module 626 is provided to the prefiltering module 624 which performs a prefiltering

as follows: Wzi
 Fzi

 to  which provides the upper triangular matrix Wzi
 as the new channel matrix to be

considered for decoding z’i.

[0119] According to the invention, the effective LLL algorithm is modified in order to jointly perform the QR decompo-
sition, the LLL reduction and the computation of T with an efficient computational complexity. The output R of the joint
QR decomposition and effective LLL reduction module 621 is provided to a SIC module 622, the output Q of the joint
QR decomposition and effective LLL reduction module 621 is provided to a rotation module 625 and the output T of the
joint QR decomposition and effective LLL reduction module 621 is provided to the base transform module 623.
[0120] The joint QR decomposition and effective LLL reduction module 621 performs, according to the present inven-
tion, a joint QR decomposition and an effective LLL reduction of Wzi. The joint QR decomposition and effective LLL
reduction module 621 executes the algorithm disclosed in Fig. 5.
[0121] The prefiltered constellation points are provided to the rotation module 625 which rotates the prefiltered con-
stellation points according to the output Q of the joint QR decomposition and effective LLL reduction module 621.
[0122] The output of the rotation module 305 is provided to the SIC module 622.
[0123] The SIC module 622 performs a regular Serial Interference Cancellation scheme on the constellation points
provided by the rotation module 625 based on the output R of the joint QR decomposition and effective LLL reduction
module 621 is provided to a SIC module 302.
[0124] The output of the SIC module 622 is provided to the base transform module which performs a base transform
on the output of the SIC module 622 based on the the output T of the joint QR decomposition and effective LLL reduction
module 621.
[0125] Fig. 7 is an algorithm for a soft output decoding of the received constellation points according to a particular
mode of realization of the present invention.
[0126] More precisely, the present algorithm is executed by the processor 200 of the receiver Rec.
[0127] At step S700, the processor 200 obtains an Nr 3 Nt channel matrix H, a vector y of received constellation points.
[0128] At next step S701, the processor 200 computes the matrix A-1 = (H†H + ρ-1I)-1.
[0129] At next step S702, the processor 200 sets the variable i to one.
[0130] At next step S703, the processor 200 checks if i≤Nt
[0131] If i≤Nt, the processor 200 moves to step S704. Otherwise, the processor 20 moves to step S713.

[0132] At step S704, the processor 200 computes the matrix 

[0133] At next step S705, the processor 200 selects a first contellation point zi ∈ Ωi where Ωi is the constellation used
for transmission on dimension i.
[0134] At next step S706, the processor 200 computes Fzi

: 

[0135] At next step S707, the processor 200 performs a cholesky decomposition in order to obtain the matrix Wzi
 

^

^ ^ ^
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where 

[0136] At next step S708, the processor 200 reduces and triangularizes the channel Wzi
 = QRT-1 preferably using the

algorithm as disclosed in Fig. 5.

[0137] At next step S709, the processor 200 decodes the vector  according to the upper

triangular channel R and gets a decoded vector x’.
[0138] At next step S710, the processor 200 converts x’ as equal to Tx and stores it into a list of constellation points.
[0139] At next step S711, the processor 200 checks if contellation point zi ∈ Ωi is the last constellation point.
[0140] If zi is the last constellation point, the processor 200 moves to step S714. Otherwise the processor 200 moves
to step S712.
[0141] At step S714, the processor 200 increments the variable i and returns to step S703.
[0142] At step S712, the processor 200 selects another constellation point and returns to step S706.
[0143] At step S713, the processor 200 computes the soft output based on the list of constellation points.
[0144] The vector of Nt constellation symbols z is associated to a vector of ω.Nt bits via a binary labelling operation.
The soft output ξ(u) of the u-th bit is given for example by the following expression 

 where γ1(u) denotes the list of points z obtained by the algorithms, such that their binary labelling have a 1 in their u-th
position, and where γ0(u) denotes the list of points z obtained by the algorithms, such that their binary labelling have a
0 in their u-th position, and where H is the Nr 3 Nt channel matrix, and y the vector of received constellation points.
[0145] Naturally, many modifications can be made to the embodiments of the invention described above without
departing from the scope of the present invention.

Claims

1. Method for executing a Lenstra-Lenstra-Lovász lattice reduction in a receiver receiving constellation points through
a Multi Input Multi Output channel, from a matrix representing the Multi Input Multi Output channel which is decom-
posed into a unitary matrix Q, an upper triangular matrix R, and an unimodular matrix T, characterized in that the
method comprises the steps of:

- reducing the k-th column of the upper triangular matrix R and updating the unimodular matrix T into a new
unimodular matrix, k being a variable indicating the rank of a column within the reduced upper triangular matrix R,
- permuting the k-th and the k-1-th columns of the reduced upper triangular matrix R and of the new unimodular
matrix T according to a comparison between the elements of the k-1th and k-th row of the k-th column of the
reduced upper triangular matrix R,
- triangularizing the reduced upper triangular matrix R of which columns are permuted into a new reduced upper
triangular matrix and updating the unitary matrix Q into a new unitary matrix.

2. Method according to claim 1, characterized in that the reduced upper triangular matrix R, the unitary matrix Q and
the unimodular matrix T satisfy the following formula,
M=QRT-1, where M is an upper triangular matrix M of the Multi Input Multi Output channel.

^

^

^
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3. Method according to claim 1 or 2, characterized in that the method comprises further step of:

updating the variable indicating the rank of the column,
And the reducing, the permuting, the triangularization are executed iteratively on the new upper triangular matrix
R, the new unimodular matrix and the new unitary matrix.

4. Method according to claim 3, characterized in that the new reduced upper triangular matrix R, the new unitary
matrix Q and the new unimodular matrix T satisfy the following formula ,
M=QRT-1, where M is the upper triangular matrix M of the Multi Input Multi Output channel.

5. Method according to any of the claims 1 to 4, characterized in that the method comprises further step of

- calculating a coefficient α = aRk-1,k/Rk-1,k-1Ò, where a.Ò is a rounding operation taking the closest integer on the
real and imaginary part independently, Rk-1,k is the k-1-th element of the k column of R and Rk-1,k-1 is the k-1-
th element of the k-1-th column of R,, the reducing of the upper triangular matrix is performed using the following
formula ∀1≤i≤k-1,Ri,k←Ri,k-αRi,k-1 and the update of the unimodular matrix T is performed according to the
following formula: 

6. Method according to claim 5, characterized in that the permutation is performed if δ|Rk-1,k|2>|Rk-1,k |2 + |Rk,k|2

wherein δ is a parameter upper than © and lower than or equal to 1.

7. Method according to claim 6, characterized in that the variable k indicating the rank of the column is updated as:
if δ|Rk-1,k|2 >|Rk-1,k|2+|Rk,k|2 then k ← max(k-1,2), else k←k+1.

8. Method according to claim 7, characterized in that the variable k indicating the rank of the column is updated as:
k ← mod(k-1,n-1)+2 where mod is the modulo operation.

9. Method according to any of the claims 2 to 8, characterized in that the method is executed in a hard output decision
algorithm and the size of the upper triangular matrix M is equal to the number of antennas of the source which
transmits the constellation points.

10. Method according to claim 9, characterized in that the upper triangular matrix M is obtained using a QR filter and
at a first iteration the upper triangular matrix R is equal to the upper triangular matrix M, the unitary matrix Q and
the unimodular matrix T are set to the identity matrix.

11. Method according to claim 8, characterized in that the matrix representing the Multi Input Multi Output channel is
obtained using a MMSE-GDFE prefiltering and at a first iteration the upper triangular matrix R is equal to the upper
triangular matrix M, the unitary matrix Q and the unimodular matrix T are set to the identity matrix.

12. Method according to any of the claims 2 to 8, characterized in that the method is executed in a soft output decision
algorithm and the size of the upper triangular matrix M is equal to the number of antennas minus one of a source
which transmits the constellation points.

13. Method according to claim 12, characterized in that the contribution of assumed transmitted symbols are subtracted
from the received contellation points and a prefiltering which takes into account the subtraction is performed in order
to provide the upper triangular matrix.

14. Device for executing a Lenstra-Lenstra-Lovász lattice reduction in a receiver receiving constellation points through
a Multi Input Multi Output channel, the Lenstra-Lenstra-Lovász lattice reduction from an upper triangular matrix M
of the Multi Input Multi Output channel providing a reduced upper triangular matrix R, a unitary matrix Q and an
unimodular matrix T, characterized in that the device comprises:

- means for reducing the k-th column of the upper triangular matrix R and updating the unimodular matrix T into
a new unimodular matrix, k being a variable indicating the rank of a column within the reduced upper triangular



EP 2 961 080 A1

12

5

10

15

20

25

30

35

40

45

50

55

matrix R,
- means for permuting the k-th and the k-1-th columns of the reduced upper triangular matrix R and of the new
unimodular matrix T according to a comparison between the elements of the k-1th and k-th row of the k-th
column of the reduced upper triangular matrix R,
- means for triangularizing the reduced upper triangular matrix R of which columns are permuted into a new
reduced upper triangular matrix and updating the unitary matrix Q into a new unitary matrix.

15. Computer program which can be directly loadable into a programmable device, comprising instructions or portions
of code for implementing the steps of the method according to claims 1 to 13, when said computer program is
executed on a programmable device.
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