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Description

[0001] The invention generally relates to manufacturing or providing of glass or glass ceramic products. More partic-
ularly the invention relates to a method which permits to characterize, produce and/or select glass and glass ceramic
products based on precisely defined thermo-mechanical properties.
[0002] Special glass and glass ceramic products that are developed and manufactured in customized manner for
specific applications, have very different requirements placed thereon which have to be complied with by the manufactured
glass or glass ceramic component due to the different application-specific requirements on thermo-mechanical quantities,
such as thermal expansion and structural relaxation. Examples of such customized products include telescope mirror
substrates and components for microlithography made of glass ceramics.
[0003] Glass ceramics exhibit low thermal expansion in different application temperature ranges depending on the
product. ZERODUR, for example, was specifically developed for ultra-low thermal expansion in the room temperature
range. Other glass ceramics, e.g. CERAN, exhibit low thermal expansion over a wider temperature range.
[0004] The coefficient of thermal expansion (CTE) of ZERODUR and other glass ceramics is specified as a mean
CTE for a temperature range from 0 °C to 50 °C and is classified into several expansion classes. More strictly, however,
this classification only applies to a predefined measurement procedure with precisely observed temperature rates and
temperature holding times. This specification is sufficient for most applications, but gives an inaccurate picture of the
material in detail. First, the expansion coefficient is not constant over the whole temperature range from 0 °C to 50 °C,
but is a function of temperature. Moreover, the expansion behavior is additionally a function of time, being known as
hysteresis behavior. The temperature dependence and time dependence of the CTE is not a specific property of ZE-
RODUR, but is an immanent feature of all glass ceramics. Hitherto, the hysteresis behavior could not be accounted for
when specifying glass ceramics in applications, such as for ZERODUR, because a suitable method was lacking for
specifying and predicting them.
[0005] Neither has it been possible to specify a delayed elasticity occurring when subjecting glass ceramics to a
mechanical load. One problem therewith is that a calculation of structural and stress relaxation has only been known in
the glass transition range, whereas for customized requirements the glass ceramics should be chosen based on their
thermo-mechanical properties at room temperature. Therefore, there is a need for determining the behavior of glass or
glass ceramic materials as a function of temperature and time, and/or the delayed elasticity as a function of stress and
time, and to be able to produce or choose a glass or glass ceramic article based thereon.
[0006] In recent potential applications of ZERODUR, such as the giant telescope TMT (Thirty Meter telescope) or the
E-ELT of ESO (both of them "Extremely Large Telescopes"; ELTs) not only just the CTE (0 °C - 50 °C) is being specified,
for example, but the material behavior under the conditions of use at the future installation site of the telescope. This
includes defined temperature ranges from - 13 °C to +27 °C, which are significantly different from the usual range of 0
°C to 50 °C. Also, the rates of change in temperature during operation are in a range of < 0.17 K/h and therefore are
substantially smaller when compared to the typically measured rates of 36 K/h.
[0007] The article "modeling of the thermal behavior of ZERODUR® at arbitrary temperature profiles" by Ralf Jedamzik
et al., Proceedings of SPIE, vol.7739, 16 July 2010, article number 773901, pages 1-12 describes modeling the thermal
expansion behavior of ZERODUR® for the site conditions of the ELT, wherein the thermal expansion of glass ceramics
is function of both temperature and time.
[0008] The article "Finite-element Calculation of Stresses in Glass Parts Undergoing Viscous Relaxation" ba Thomas
E. Soules et al., Journal of the American Caramic Society, vol. 70, 1 February 1987, pages 90-95 desscribes how to
calculate thermal stresses for a tempered glass plate, using the finite-element Program MARC developed by MARC
Analysis Corporation.
[0009] An object of the invention is to allow for providing glass or glass ceramic products having very accurately
specified thermo-mechanical properties. This object is achieved by the subject matter of the independent claim.
[0010] Advantageous embodiments and further modifications are set forth in the dependent claims.
[0011] The invention presented herein is based on the development of appropriate methods and models which permit
highly accurate characterization of the thermo-mechanical properties of glasses and glass ceramics taking into account
relaxation phenomena below the classic glass transition. In the following, the wording "below glass transition" (transfor-
mation temperature Tg defined according to ISO 7884-8) refers to a temperature range below Tg minus 100 K, where
relaxation phenomena cannot be represented by models and techniques of glass transition physics. In the case of a
glass ceramic, temperature Tg is the glass transition temperature of the residual glass phase.
[0012] Previous models of structural and stress relaxation only enable to simulate relaxation processes in the glass
transition range. The existence of relaxation processes at significantly lower temperatures has been known and can be
measured. Although methods have been developed that increase the accuracy of measurement, phenomena of relaxation
are however disregarded in evaluation and characterization of the affected material properties. A consequence thereof
was that for a sufficiently good quantification of material properties, the exact application conditions (e.g. temperature-
time history) needed to be represented in a measurement. This is not possible in many cases, for metrological reasons
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and due to lack of time. A suitable model for the relaxation phenomena mentioned above does not yet exist.
[0013] Therefore, differences between measurement conditions and conditions of use are generating significantly
larger errors than could be assumed based on the measurement uncertainty. In particular, it has been unclear how
relaxation phenomena mutually influence each other in different temperature ranges.
[0014] The invention also provides a method for predicting thermal expansion for T < Tg - 100 K taking into account
thermal history and freely selectable thermal conditions of use and the associated relaxation phenomena.
[0015] By now, thermal expansions have been characterized on the basis of a mean thermal expansion across a
predefined temperature range measured by a measuring technique, the thermal conditions of use being significantly
different from the measurement conditions. The method for predicting thermal expansion presently described overcomes
this problem, i.e. the practical measuring method used permits to characterize material behavior so well that a significantly
higher prediction accuracy is obtained.
[0016] The same applies to a prediction of delayed elasticity at temperatures below the glass transition taking into
account the thermo-mechanical history and freely selectable thermo-mechanical conditions of use and the associated
relaxation phenomena.
[0017] For this purpose, the invention provides a method for determining time-delayed changes of temperature-de-
pendent or stress-dependent physical quantities of a glass or a glass ceramic, the determination being performed in a
temperature range having an upper limit not higher than 100 K below the glass transition temperature (i.e. 100 K below
the glass transition temperature or lower than 100 K below the glass transition temperature), wherein a deformation of
the glass or glass ceramic material is measured at least twice, with different rates of change in temperature or a mechanical
stress as a function of time, the measurements also being carried out at temperatures of not higher than 100 K below
the glass transition temperature, and wherein a plurality of relaxation times of the glass or glass ceramic material are
determined for a reference temperature, and weighting factors are determined, which represent a weight of the relaxation
times in the relaxation of the glass or the glass ceramic. These relaxation times and weighting factors then permit to
calculate a time-delayed change of a temperature-dependent or stress-dependent physical quantity as a function of a
predefined temperature change or stress change.
[0018] The term "time-delayed change" in the sense of the invention refers to a change of the physical quantity, which
does not occur instantaneously, but occurs after the temperature or mechanical stress has been changed. Preferably,
the calculation is performed for a time or period which is at least 10 seconds, preferably at least 10 minutes following
the change in temperature or mechanical stress.
[0019] The method is particularly suitable for predicting physical quantities in form of thermal or mechanical deforma-
tions of a glass or a glass ceramic. However, other physical quantities are also affected by the relaxation of the glass
or glass ceramic material. These include heat capacity and also the refractive index.
[0020] The invention is generally suitable for calculating the following time-delayed changes:

- a change in length;
- a change in volume;
- a change in refractive index;
- a change in heat capacity;
- a change in shear modulus;
- a change in bulk modulus;
- a change in torsion modulus;
- a change in Young’s modulus.

[0021] This allows to not only to calculate and predict the time-delayed changes, but also the corresponding absolute
values of these quantities as a function of the change in temperature or mechanical stress.
[0022] The characterization of a time-delayed deformation as a physical quantity may be accomplished using one or
more time-dependent deformation parameters of the material, which describe a deformation of the glass or the glass
ceramic at temperatures of the glass or the glass ceramic which are at least 100 K below the glass transition temperature
(i.e. not higher than 100 K below the glass transition temperature). The time dependence of these parameters may then
be determined based on the determined relaxation times. For larger deviations of temperatures for which the time
dependence of a physical quantity is to be calculated, such as the time-delayed deformation as mentioned before, a
thermal displacement function may be determined in addition to the relaxation times and weighting factors. The dis-
placement function specifies how the relaxation of the glass or glass ceramic material changes as a function of temper-
ature. The displacement function does not only describe this dependence for deformations due to temperature changes,
but more generally also for other physical quantities that depend on the relaxation state of the glass or glass ceramic,
such as refractive index, shear or torsion modulus, and heat capacity.
[0023] A time-dependent deformation parameter refers to a physical quantity which affects the mechanical properties
or the mechanical condition of the material depending on a time-dependent quantity. The mechanical condition includes
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the geometry of the article made from the glass or glass ceramic material, inter alia. An important mechanical condition,
for example, is the size/shape of a glass or glass ceramic component. The geometrical dimensions of a component are
affected by thermal expansion caused by the coefficient of expansion and a temperature change, the rate of change in
temperature also having some influence on the coefficient of thermal expansion, as explained before with reference to
the telescope mirror issues mentioned above. Accordingly, the coefficient of thermal expansion and physical quantities
derived therefrom, in particular the dimensions of the component, are time-dependent deformation parameters. Elastic
deformation under action of a force and the associated material properties such as shear modulus and bulk modulus
are likewise time-dependent deformation parameters. Also suitable as a parameter are permittivity and/or mechanical
internal friction of the material.
[0024] An accurate characterization of the glass or glass ceramic material in terms of its thermo-mechanical behavior
over time then also permits to provide a glass or glass ceramic component that exhibits a precisely known and predictable
long-term deformation when the component is subjected to temperature and/or force changes. In particular, the present
invention provides a method for providing a glass or glass ceramic article exhibiting a predefined time-delayed thermal
or mechanical deformation. For this purpose:

- an allowable range of values of a time-delayed thermal or mechanical deformation in a temperature range with an
upper limit of not higher than 100 K below the glass transition temperature is predefined;

- time-delayed change of a temperature-dependent or stress-dependent time-delayed deformation of a glass or glass
ceramic material is then calculated as a function of a predefined temperature change or stress change using the
method according to the present invention.

[0025] In a non-isothermal case, i.e. in case of larger deviations in temperature from the reference temperature, for
which deviations in the deformation is to be calculated, parameters of the thermal displacement function are additionally
determined according to one embodiment of the invention.

- The thermal or mechanical deformation is extrapolated to the predefined allowable range of values using the one
or more relaxation time(s); and

- a comparison is made as to whether the extrapolated thermal or mechanical deformation is within the range of values.
- Then, the glass or glass ceramic material is chosen when the extrapolated value of time-dependent thermal or

mechanical deformation is within the allowable range of values, or an article is rejected, when the predefined range
of values is not met.

[0026] In one embodiment of the invention, providing the glass or glass ceramic article comprises selective manufac-
turing of the glass or glass ceramic article for the predefined range of values by adjusting the manufacturing conditions
of the glass or glass ceramic production in a manner so that the range of values is observed, or obtained. This may be
achieved in simple manner by interpolation or extrapolation of production parameters. Production parameters particularly
relevant include the composition, in case of glass ceramics additionally the temperature-time profile of ceramization. If,
for example, two glass ceramics are available which differ in terms of ceramization conditions and/or composition and
which exceed or fall below the predefined allowable range of values, a glass or a glass ceramic may selectively be
produced by interpolating the composition and/or the ceramization conditions in order to obtain the specified range of
values. If both of the existing materials fall below or exceed the predefined allowable range of values, extrapolation may
be made towards the smaller deviation among the two materials, to obtain the range of values. It will of course be
advantageous to verify the admissibility of the range of values in the newly manufactured glass or glass ceramic material
by measuring the relaxation times and weighting factors according to the invention. In the manufacture of glass ceramics,
the relationship between the retention time at the maximum temperature of ceramization and the time-dependent coef-
ficient of thermal expansion resulting from the measurement according to the invention may be used for this purpose in
order to selectively set a specific time-dependent coefficient of thermal expansion in the manufacture of the glass ceramic.
[0027] The invention will now be explained in more detail with reference to the accompanying drawings, wherein:

Fig. 1 shows a hysteresis of change in length of a glass in the range of glass transition;
Fig. 2 shows the linear coefficient of thermal expansion of a ZERODUR glass ceramic;
Fig. 3 shows an example of a measurement of thermal expansion from which the relaxation spectrum

may be generated;
Figs. 4 and 5 show measured values of decadic logarithm of the thermal displacement function and various dis-

placement functions fitted to the measured values;
Fig. 6 shows a measurement of relaxation spectra of four different samples;
Fig. 7 shows the thermal expansion of a sample at different cooling rates;
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Fig. 8 is a flow chart of an optimization program for determining model parameters of thermal expansion;
Fig. 9 shows a typical relaxation function for a reference temperature, reflecting the relaxation spectrum;
Fig. 10 shows a measurement of thermal expansion of a glass ceramic under a cyclic temporal change in

temperature, and a calculated thermal expansion for comparison;
Fig. 11 shows the coefficient of thermal expansion as a function of different rates of change in temperature;
Fig. 12 shows measured values of thermal expansion of two glass ceramic samples;
Fig. 13 shows thermal expansion of the two samples when subjected to a specific temperature-time profile;
Fig. 14 shows a prediction of thermal expansion of glass ceramic components of a coordinate measuring

device;
Fig. 15 shows a prediction of thermal expansion of two samples for a glass ceramic telescope mirror;
Figs. 16A to 16D schematically illustrate glass or glass ceramic samples in different configurations, with forces acting

thereon for measuring component deformations;
Fig. 17 shows time variation of a mechanical stress in form of a deflection moment applied in stress mirror

polishing of a telescope mirror;
Fig. 18 shows time-dependent maximum bowl-shaped deflection spv of a telescope mirror, as measured

and as calculated;
Fig. 19 shows viscosity as a function of temperature for low temperatures;
Fig. 20 shows viscosity as a function of temperature for the entire relevant temperature range;
Fig. 21 shows time variation of thermal expansion of two samples under temperature conditions in Hawaii;
Fig. 22 shows the relative change in length of different samples over time; and
Fig. 23 compares the relative change in length of different samples over time, as measured and as modeled.

[0028] Mathematical modeling of relaxation of the atomic structure in the glass transition range (around transition
temperature Tg defined by ISO 7884-8) and of stress relaxation is known and is employed for mathematical modeling
of thermo-mechanical processing methods of glass in the glass manufacturing and processing industry. The models are
implemented in FEM calculation software (e.g. ANSYS). From O.S. Narayanaswamy, "A model of structural relaxation
in glass", J. Am. Ceram. Soc. 54, 491-498 (1971), a model is known, which allows to describe these structural relaxations
in the glass transition temperature Tg range in a sufficiently good modeling quality. Structural relaxation is seen as a
process of transition from a non-equilibrium into an equilibrium of the glass structure (atomic rearrangement processes).
[0029] Glasses are distinguished by the fact that a non-equilibrium state can be frozen. Depending on thermal conditions
(fast/slow cooling), the glass is frozen in different states. A characteristic feature of relaxation processes are hystereses
in expansion measurements, which are caused by the different relaxation behavior during heating/cooling. Fig. 1 shows
two exemplary hysteresis curves of relative thermal expansion Δl/l of a glass for two different rates of change in tem-
perature of 5 K per minute and 20 K per minute. In the range of glass transition where the slope of temperature-dependent
relative thermal expansion Δl/l changes, a hysteresis is clearly visible and can be described by the model mentioned
above. At temperatures of 100 K or more below glass transition, however, hysteresis is very small and is no longer
described by the model. Nevertheless, changes in length which depend on the rate of change in temperature may be
relevant also in this low temperature range, for example when a very precise knowledge of length dimensions is beneficial.
[0030] A quantitative parameter for characterizing the non-equilibrium state is the so called fictive temperature. This
state variable is a measure for the glass structure (atomic structure), and in a state of equilibrium (e.g. above the glass
transition range) it takes the same value as the actual temperature. Freezing of the structure changes thermo-mechanical
properties of the material.
[0031] These include for example the coefficient of thermal expansion (CTE) and the specific heat capacity of glasses
and glass ceramics.
[0032] According to one embodiment of the invention, therefore, the relaxation times are used for determining the
fictive temperature, or, as will be explained below, a corresponding state variable and time dependence thereof. The
determination of fictive temperature and of a time-delayed deformation will now be described in detail.
[0033] A deformation ε generally comprises a thermal part εth and a mechanical part εmech: 

[0034] Within a time interval Δt, the thermal part of expansion changes 



EP 2 912 444 B1

6

5

10

15

20

25

30

35

40

45

50

55

with linear coefficients of thermal expansion αs of an immediate change in length (as a function of actual temperature
T), and αf of a time-delayed change in length (as a function of fictive temperature Tf). The mechanical part of elongation
εmech changes according to Hooke’s law, with time-dependent bulk modulus K(t), and time-dependent shear modulus
G(t), see Equations (12) to (16) below.
[0035] The fictive temperature as a state variable is the weighted sum of n fictive temperatures 

as an image of several individual processes, with weighting factors wk and their sum 

and relaxation function 

of the glass structure, a Kohlrausch function. The rate of change of the individual fictive temperatures 

 depends on a relaxation time 

with the logarithm of the thermal displacement function 

[0036] Equation (8) is given as a common logarithm. However, the choice of the basis is arbitrary, since logarithms
can be converted into each other. The displacement function according to equation (8) corresponds to the displacement
function of the so-called Tool-Narayanaswamy model from the above-mentioned publication O.S. Narayanaswamy: "A
model of structural relaxation in glass", J. Am. Ceram. Soc. 54, 491-498 (1971).
[0037] The thermal displacement function is used for time-temperature superposition. In the case of sufficient validity
of the time-temperature superposition, processes in the material which proceed very slowly or very quickly at room
temperature, are equivalent to processes that last a few minutes at high or low temperatures. If a material behaves in
this manner, then an appropriate displacement function allows for model predictions for both low and high temperatures
as well as for very slow and very fast processes in the material or its response to application conditions/impacts of use.
[0038] Instead of equation (8), the following equations may be used in the glass transition region: 
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[0039] These provide very similar but not identical results. Which one of equations (8) to (11) fits better to the meas-
urement results is often not clearly decidable in terms of measurement accuracy.
[0040] The subscript "ref" in equations (8) to (11) represents the reference state for a fixed chosen temperature, Tref.
[0041] In the equations mentioned above and according to the present invention, weighting factors wstr,k, relaxation
times τstr,ref,k, and factors B, C of the displacement function are model parameters which are determined by fitting the
model of the above equations to deformation measurements.
[0042] In analogy to the model approach of fictive temperature, the bulk modulus 

(K0 = instantaneous bulk modulus) relaxes according to its relaxation function: 

wherein τK,k denote the relaxation times of the bulk modulus. For the sum of weighting factors wK,k the following applies:

with the limit value 

for very long times. The shear modulus relaxes according to the same model approach, with the difference that for
sufficiently high temperatures and sufficiently long times the limit G∞ approaches zero, i.e. 

can be used. The displacement function is the same as with the fictive temperature.
[0043] Relaxation processes in glasses and glass ceramics also occur beyond the relaxation processes detectable
with the mathematical models of glass transition. This effect in glasses has long been known, for example in so-called
thermometer glasses. It is also referred to as "depression of the zero point" and is based on a mixed alkali effect. Often
the order of magnitude of this effect is below a required accuracy and is ignored in the measurement.
[0044] In glasses and glass ceramics with very high precision requirements placed thereon (e.g. so called zero-
expansion materials) the relaxation effects have been known qualitatively for a long time and are indirectly accounted
for in the production of glasses, by preferably defined reproducible production conditions. For zero-expansion material
(e.g. ZERODUR), the coefficient of thermal expansion (CTE) is defined for the temperature range from 0 °C to 50 °C
and is classified into different classes. More strictly, however, this classification only applies to a single defined meas-
urement procedure with precisely observed temperature rates and temperature holding times. This specification is
sufficient for some applications, but gives an incomplete picture of the material in detail. For example, Fig. 2 shows the
linear coefficient of thermal expansion CTE of a zero-expansion material, in particular a ZERODUR glass ceramic, as
it has been specified so far for characterizing such materials. The linear coefficient of expansion as shown in Fig. 2
neglects the time dependence of thermal expansion caused by relaxation processes, which is detected according to the
present invention by determining a plurality of relaxation times and the displacement function of the material.
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[0045] First, the expansion coefficient is not constant across the entire temperature range from 0 °C to 50 °C, but is
a function of temperature. Second, the expansion behavior is additionally a function of time, which has already been
described by the term of hysteresis behavior in O. Lindig, W. Pannhorst: "Thermal expansion and length stability of
Zerodur in dependence on temperature and time", Appl. Opt., Vol. 24, No. 20 (1985). This means for example that during
cooling and heating the curves in temperature ranges A and B shown in Fig. 2 will not exactly overlie each other but
have slightly different temperatures. A method for quantitative characterization of the relaxation processes and for
calculating the properties depending on the relaxation processes (thermal expansion, thermal capacity, stresses, de-
formations) did not exist so far. Some approaches to understand the relaxation phenomena (F. Bayer-Helms, H.
Darnedde, G. Exner: Metrologia 21, 49 57 (1985), and R. Schodel, G. Bonsch: Precise interferometric measurements
at single crystal silicon yielding thermal expansion coefficients from 12 °C to 28 °C and compressibility, Proc. Spie (2001))
are limited to a phenomenological description (interpolation of measurement results) of relaxation and do not offer any
model approach for quantitatively describing changes of properties under conditions different from those during the
measurement, by extrapolation or prediction, or for determining material characteristics.
[0046] The "descriptive" measurement procedures previously used result in misunderstandings, in particular when
comparing different materials in view of application ranges, since for example the hysteresis of thermal expansion
observed in a measurement affects material performance under real operating conditions far less than could be assumed
based on the measurements.
[0047] The invention now enables, inter alia, to calculate the characteristic curve of the coefficient of thermal expansion
of ZERODUR for customized temperature intervals and temperature rates. A result thereof with regard to specification
considerations in the Extremely Large Telescope projects is that it is now possible to choose the material much more
specifically in terms of conditions of use of the glass ceramic article, and consequently better performance can be
provided than before.
[0048] The invention also enables to describe and predict time-delayed elasticity of glass or glass ceramic components,
such as of ZERODUR, under mechanical load. For example, a stress relaxation behavior determined according to the
invention can be taken into account in stress mirror polishing, and in this way the dimensional stability of large telescope
mirrors can be improved. Also, the time-dependent dimensional stability of high-precision mechanical components under
their own weight and under mechanical stress can be predicted and can be taken into account appropriately when using
the components.
[0049] Fig. 3 shows an example of a measurement of thermal expansion for temperatures between 0 °C and 50 °C,
from which the typical relaxation curve of a glass or glass ceramic body may be determined. The measurement was
carried out on a ZERODUR glass ceramic body. Illustrated therein is, on the one hand the temperature profile with the
temperature scale on the right hand ordinate axis, and on the other the deformation in form of a change in length Δl/l on
the left hand ordinate axis, in each case as a function of time. The different relaxation rate at different temperatures is
clearly visible. Thus, cyclic thermal ancillary conditions will result in hysteresis phenomena such as those observed in
the glass transition range (see Fig. 1) even below the glass transition range. The area of such hysteresis may be of
different size and will be influenced by the material composition and thermal ancillary conditions (heating/cooling rates).
According to one embodiment of the invention, a characterization of the glass or glass ceramic material is to allow for
a prediction of such hysteresis and relaxation phenomena.
[0050] When searching for a model of structural relaxation for temperatures below glass transition, it has surprisingly
been found that a model in form of an extension of known relaxation models (e.g. Tool-Narayanaswamy) to other
temperature ranges enables to provide a sufficiently precise match between model and measurement. This however
only when introducing new state variables Tfx, X = {A,B,C,...}, by which relaxation in temperature ranges A, B, C, ... can
be characterized. These state variables take over the function the fictive temperature has in the glass transition range.
[0051] However, they differ both in magnitude and in the effect on thermo-mechanical properties. Below, the state
variables TfX, X = {A,B,C,...} will be considered as being independent of each other. For the sake of simplicity, in the
context of the invention these state variables are also referred to as fictive temperature.
[0052] The model will be explained with reference to the temperature range A: -10 °C to 50 °C, but can be transferred
to any relevant temperature range between 10 K and Tg - 100 K, in which relaxation processes are observed. For
example, a narrower temperature range relevant for the characterization of thermo-mechanical properties, for which the
present invention may be used for predicting deformations, is a range between 150 K and Tg - 200 K. The majority of
relevant applications of glass or glass ceramic materials falls into this range. More preferably, a prediction is made for
temperatures of -50 °C < T < +80 °C, most preferably for temperatures of -20 °C < T < +50 °C.
[0053] For applications in outer space, for example for predicting and considering time-delayed thermal expansions
or expansions under mechanical load, even very low temperatures are relevant.
[0054] In the model, a thermo-mechanical property p associated to relaxation (e.g. thermal expansion) depends on
the temperature T and state variables Tfx, X = {A,B,C,...}: p = p(T, TfA, TfB, ...). If the application temperature range is
limited to a single relaxation temperature range (as is assumed below), the dependence can be reduced to the temperature
and one state variable: p = p(T, TfA).
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[0055] The change in the property or physical quantity p (e.g. thermal expansion, enthalpy, density) may for example
be represented as a polynomial of temperature T and state variable TfA: 

[0056] Therein, ps(T) designates a specific change of the property or physical quantity per unit temperature (e.g. the
specific coefficient of thermal expansion (CTE), or the specific heat capacity).
ΔT,ΔTfA designate the change in temperature, or in fictive temperature.
pf(TfA) in equation (17), accordingly, is the specific time-delayed change of the property or physical quantity per unit
temperature.
p0,i,p1,j in equation (17) are coefficients of the terms of the polynomial.
In the above equation, a change is to be understood as a change of the relevant quantities over time.
[0057] Relaxation is the result of a relaxation of state variable TfA which may be represented in the same manner as
the fictive temperature of glass transition, as a spectrum of differently relaxing state variables TfAi with weighting factors
vi, and relaxation times τi, similar to equation (6) given above: 

[0058] According to the above equation (4) of the model for the range of glass transition, the sum of the weighting
factors is equal to 1: 

wherein, again, the generalized Maxwell model can be used for relaxation function Ψ(t) : 

[0059] The spectrum of relaxation times represents the relaxation behavior of the state variables and may possibly
also be described as a Kohlrausch function with few parameters.
[0060] The relaxation times are determined for a reference temperature Tref by suitable measurements with different
rates of change in temperature or mechanical stress, and according to one embodiment of the invention the relaxation
times are again a function of temperature, of the time-dependent state variables, weighting factors, and material constants
B, C, according to the following two equations: 

[0061] Equation (21.1) corresponds to equation (7) with the logarithm of the displacement function according to equation
(21.2). Equation (22) corresponds to equation (3), wherein according to equation (22) the state variable TfA results as
a sum of products of weighting factors wi and state variables TfAi, similar to the fictive temperature.
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[0062] With these equations and a suitable numerical calculation algorithm it is possible to calculate the state variables
and material properties (as a function of the temperature and state variable) when the parameters of the material model
of relaxation are known.
[0063] According to one embodiment of the invention, therefore, weighting factors wk and relaxation times τk(Tref) at
a reference temperature Tref are determined at least twice, at different rates of change in temperature or a mechanical
load, and therefrom a plurality of temperature-dependent relaxation times τk(T) and parameters B, C in equation (21.2)
and state variables TfA, TfAi are determined by fitting the parameters of equations (17), (18), (19), (20), (21.1), (22) to
the measured values. From these equations with known parameters, a time-dependent change of the physical quantity
may then be determined, for example a time-dependent deformation of the glass or glass ceramic material, or a change
of the refractive index when subjected to a temperature change or to a mechanical stress varying over time, or more
generally a quantity related to a deformation, as a function of the change in temperature or of a mechanical stress over
time. The model according to equations (17) through (22) is particularly suitable for limited temperature ranges comprising
not more than 200 K, for example for temperatures close to room temperature. For example, a good prediction of the
time-dependent change of a physical quantity, such as a deformation caused by thermal expansion, can be made in a
temperature range between -50 °C and +80 °C, in particular if temperature Tref is in this range. Instead of the thermal
displacement function according to equation (21.2), a different thermal displacement function can be used. Suitable
displacement functions will be explained further below.
[0064] According to yet another embodiment of the invention, parameters TfA, TfAk, Wk, τk(Tref) of equations (18) to
(22) are used with equation (17) to determine a time-dependent deformation of the glass when subjected to a time-
varying temperature or mechanical stress at temperatures ranging from -50 °C to +80 °C.
[0065] The model approaches of the displacement function according to the above equations (8) through (11) provide
a sufficiently good agreement between measurement and model for temperatures in the glass transition range, i.e. in a
temperature range of Tg 6 100K, but not if the temperature range is expanded to temperatures of T < Tg - 100 K. One
example of this is shown in Fig. 4.
[0066] The measured values are shown as hollow circles. Curve 1 shows a fit of the thermal displacement function
according to equation (9), wherein T = Tf was set. Curves 2, 3, and 4 were calculated by a fit to the measured values
using a model of the invention according to equations (18) to (22). Specifically therein, the thermal displacement function
of this model is given by the exponential factor in equation (21) .
[0067] Curve 1 shows good agreement with the measured values at temperatures above Tg, but below this glass
transition temperature the curve quickly deviates from the measured values. The model according to equations (18) to
(22) found for the room temperature range reveals good results between -50 °C and +80 °C (curve 4). Curves 2 and 3
were also calculated using the model of the invention and were fitted to the measured thermal displacement function
for temperature ranges between temperatures around Tg (curve 2) and around 300 °C (curve 3).
[0068] A striking difference between the two temperature ranges for curves 2 and 3 is the slope of the curve "displace-
ment function as a function of temperature" or equivalently the model parameter B of activation energy. For example,
for a specific glass it has a value of B(Tg) = 27000 K for temperatures around Tg, and of B(Tg) = 4500 K at temperatures
around room temperature for the same glass.
[0069] For a viable prediction modeling it is desirable, that the mathematical model describes both the temperature
range around glass transition and the temperature range around room temperature in sufficiently precise manner and
with the same model parameters.
[0070] Below, one embodiment of the invention will be described, in which time-delayed deformations of a glass or a
glass ceramic may be determined and predicted for a wide temperature range using a suitable displacement function.
[0071] Surprisingly it has been found that no fundamentally new model is needed for the large temperature range. A
significant difference between the known equations and this invention, however, is that the real temperature T in the
model approaches of the displacement function according to equations (8) to (11) is replaced by a weighted sum (1-
q)·T+q·Tf of the real temperature and the fictive temperature. According to yet another embodiment of the invention, the
real temperature is replaced by an exponential weighted product T(1-q)·Tf

q of the real temperature and fictive temperature
Tf. In both cases, the so modified thermal displacement functions result in a significantly better match between meas-
urement and model, in particular even if the fitting range of the model ranges from high temperatures of Tg < T to low
temperatures of T < Tg - 100 K.
[0072] Therefore, in addition to model parameters B and C, a third model parameter q has to be determined, in the
limits of 0 < q < 1. This results in the following logarithms of displacement functions, log(aT), which are particularly suitable
for the invention: 
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[0073] A particularly robust model results when the model with q = 1 and the measurements match sufficiently, because
in that case the third model parameter q is fixed in effect and has no uncertainty per definition. This applies to the last
four terms (29) - (32). Therefore, such a model fit is preferable. However, it does not succeed for every material.
[0074] Therefore, in one further embodiment of the invention, a thermal displacement function with model parameters
B, C, q is determined based on the measured values of time-varying deformation, with a thermal displacement function
with a logarithm selected according to any of expressions (23) through (32), wherein Tref denotes a fixed selected
reference temperature and Tf denotes the fictive temperature of the glass or glass ceramic material. From the fitted
thermal displacement function, a time-dependent deformation of the glass or glass ceramic material under the effect of
a temperature change or a time-varying mechanical stress may then be determined again. Preferably, when doing so,
one of terms (29) to (32) or a corresponding displacement function is selected.
[0075] In addition to model parameters B and C of the displacement function, one or more weighting factors wk and
time constants τk,ref may then be fitted to the measured values, wherein expression (7) mentioned above applies to the
relaxation times τ,k.
[0076] For this purpose, Fig. 5 again shows the measured values of the thermal displacement function and the dis-
placement function according to equation (9), with T = Tf (curve 1). Additionally shown is the displacement function
according to equation (9) with a fictive temperature calculated according to (1)-(7) (curve 5). Finally, curve 6 is a dis-
placement function of the invention according the above terms (23) to (32) fitted to the measured values. Specifically,
term (27) was selected as a logarithm of the displacement function, and parameter q was set to a value of 0.32. As is
apparent from curve 6, the calculated thermal displacement function matches very well with the measured values across
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the entire temperature range from room temperature to the softening point.
[0077] According to a yet another embodiment of the invention, a particularly suitable displacement function may be
obtained by combining the displacement functions according to equations (8) and (23) through (32). For this purpose,
a displacement function aT according to the following equation is used: 

[0078] In this equation, the index Φ = A, B, C, ... serially numbers the displacement functions according to equations
(8) and (23) through (32). Accordingly, aT,A is the displacement function according to equation (8), aT,B is the displacement
function according to equation (23), aT,C is the displacement function according to equation (24), and so on. The dis-
placement function according to equation (33), although being computationally intensive, is especially preferred since
this function is able to represent the limitation of two or more relaxation processes A, B, C, ... underlying equations (8),
(23) through (32).
[0079] The measuring method for measuring the structural relaxation used to determine the relaxation times and model
parameters will now be described in more detail by means of examples.
[0080] According to one embodiment of the invention, a time-dependent measurement of thermal expansion is per-
formed in a temperature range in which the relaxation generates significant contributions to the property to be evaluated,
and into which the application temperature range of interest falls. Preferable used for the at least two times of time-
dependent measurement of the deformation of the glass or glass ceramic material at different rates of change in tem-
perature or mechanical stress is a temperature range within a temperature interval from -70 °C to +100 °C, or from -50
°C to +150 °C. For the exemplary ZERODUR glass ceramic, a temperature range between -10 °C and +50 °C was
selected, because above 50 °C relaxation is very fast.
[0081] Also, until -10 °C the measurement effort is low, and the temperature interval covers the main application
temperatures. For determining the relaxation parameters, both isothermal temperature levels and non-isothermal tem-
perature programs (with specified heating and cooling rates) can be used.
[0082] For measuring thermal expansion, a pushrod dilatometer designed for the temperature range mentioned above
was used, with a measurement accuracy of better than 6.2 ppb/K and a reproducibility of 1.2 ppb/K.
[0083] Fig. 6 shows measurements of thermal expansion from which the relaxation spectra and the corresponding
relaxation times of four glass ceramic samples are determined, wherein the relative thermal expansion Δl/l was measured
using a non-isothermal temperature-time profile. Despite the fact that all the samples were ZERODUR glass ceramics,
i.e. all samples were made of the same type of glass ceramics, the samples exhibit variations in their relaxation behavior
and therefore also in the individual relaxation times. The individual curves of the four samples are denoted by reference
numerals 7, 8, 9, 10. Reference numeral 11 designates the temperature profile. As can be seen from the temperature
profile, the temperature was varied between 0 °C and 50 °C, with different rates of change in temperature during
temperature reduction and the subsequent temperature increase.
[0084] According to another embodiment of the invention, an isothermal stepped temperature profile is applied. The
relaxation spectra are determined at the individual temperatures, by altering the temperature starting from a state of
equilibrium and then evaluating the relaxation curve. Typically, the change in temperature is a few Kelvin, preferably not
more than 10 Kelvin.
[0085] According to one embodiment of the invention, the material parameters or model parameters including the
relaxation times are determined by applying a simulation model with a numerical optimization algorithm. Suitable algo-
rithms are, for example, the Levenberg-Marquardt algorithm, or the Gauss-Newton algorithm. These algorithms fit the
model parameters so that the differences between model prediction and measurements are reduced to a minimum. For
this purpose, one temperature measuring program can be used for fitting, as shown in Fig. 6, or several different
measuring programs, as shown in Fig. 7. Fig. 7 shows the time-dependent change in length for a single sample at
different cooling rates, and the respective calculated time-dependent change in length. In the illustrated example, cooling
rates of 36 Kelvin per hour (curves 12, 13), 18 Kelvin per hour (curves 14, 15), and 9 Kelvin per hour (curves 16, 17)
were employed. Curves 12, 14, 16 shown by solid lines represent the calculated changes in length, curves 13, 15, 17
shown in dotted lines represent the measured changes in length.
[0086] Fig. 8 shows an exemplary embodiment of an optimization program for determining the model parameters
according to the model of equations (17) - (22) in combination with a thermal displacement function according to any of
terms (21.2) and (23) through (32).
[0087] The program starts with initial values of model parameters, step 20, and with the measured values of the
temperature-time profile, step 21. These parameters are supplied to an optimization program 22, which calculates a
model prediction of a thermo-mechanical parameter p which is dependent of time and temperature. For example, this
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parameter may be the relative elongation Δl/l, such as detected in the measurements illustrated in Figs. 3, 6 and 7.
Optimization program 22 compares the model prediction 23 with the measurements 24 and decides (decision 25),
whether an optimized set of model parameters is already existing or not. When an optimized set has been found, for
example, when the deviation of calculated parameter p from the measured parameter is below a threshold, the optimi-
zation program outputs the model parameters, in step 26. Otherwise, the model parameters are changed, step 27, and
another model prediction for parameter p is calculated with the modified model parameters, in step 23.
[0088] From the model parameters, the relaxation function according to equation (5) may be calculated. Fig. 9 shows
a typical relaxation function Ψ(t) of a fitted set of model parameters for a specific reference temperature as a function
of the time t of relaxation.
[0089] According to one embodiment of the invention, first model parameters are determined based on a measurement
of time-dependent deformation, for example as described with reference to Figs. 6 to 9, and these model parameters
are then verified in a cyclic measurement of deformation, in which the temperature or mechanical stress is cyclically
altered repeatedly. This cyclic measurement may in particular be one of the at least two measurements of time-dependent
deformation with different rates of change in temperature or a mechanical stress.
[0090] For verifying the determined model parameters including the relaxation times, it is advantageous if the temper-
ature-time profile in the cyclic measurement or the change of mechanical stress is substantially different from the tem-
perature-time profiles used to determine the model parameters.
[0091] Fig. 10 shows such a cyclic measurement, and, for comparison, also shows the profile calculated based on
the relaxation times and other model parameters. The sample was cyclically heated and cooled, and relative expansion
Δl/l was measured and calculated. The rate of change of the temperature ramps was about 0.6 Kelvin per minute. In
Fig. 10, curve 30 denotes the temperature profile, curve 31 denotes the thermal expansion as measured, and curve 32
the thermal expansion as calculated. As can be seen from the nearly perfect match of the expansions as calculated and
as measured, the invention permits to very accurately predict the time-temperature behavior of thermal expansion of
glass ceramics.
[0092] Generally, without limitation to the exemplary embodiment shown, the temporal course of thermal expansion
and/or a thermal expansion of the glass or the glass ceramic at a specified time can now be calculated based on the
determined relaxation times and weighting factors for a specified temperature-time profile.
[0093] Thus, a method is provided for predicting thermal expansion taking into account the thermal history and thermal
conditions of use and the associated relaxation phenomena. Once the material parameters are known, the relaxation
model may be used for simulation and prediction of relaxation phenomena of glasses and glass ceramics under real
operating conditions. The user is provided with a significantly increased accuracy of material properties.
[0094] This allows to determine the material properties for the quasi-static case and the intermediate stages until then.
This also includes the so-called long-term shrinkage of glass ceramics. An example is illustrated in Fig. 11.
This graph shows the linear coefficient of thermal expansion, or thermal expansion coefficient, of a glass ceramic as a
function of different rates of change in temperature and for a temperature range between -10 °C and +50 °C. Curve 34
represents a measurement at a rate of change of 36 K/h (Kelvin per hour), and curve 35 represents a measurement at
a rate of change of 18 K/h. Curves 36 and 37 represent the calculated coefficients of thermal expansion at these rates
of change, i.e. at 36 K/h and 18 K/h. Here, again, a very good agreement with the measurement is apparent. Curves 38
through 43 represent further calculated thermal expansion coefficients for rates of change of 10 K/h (curve 38), 5 K/h
(curve 39), 2.5 K/h (curve 40), 1 K/h (curve 41), 0.5 K/h (curve 42), 0.25 K/h (curve 43), and for the quasi-static case
with a rate of change near 0 K/h (curve 43).
[0095] According to one embodiment of the invention, therefore, without being limited to the specific example shown
in Fig. 11, the coefficient of thermal expansion (CTE) of the glass or glass ceramic material is determined based on a
rate of change in temperature.
[0096] In this manner, the expansions to be expected in an application cycle can be calculated with increased accuracy.
By using the invention, the corrections in shape, such as in telescope mirrors, which are necessary for compensating
thermal expansions can be better calculated.
[0097] For example, especially batches of material with supposedly inferior properties according to standard meas-
urements, may exhibit the better performance in a specific application. Examples of this will now be explained with
reference to Figs. 12 through 15.
[0098] The examples have in common, that a profile of temperature or a mechanical stress is predefined, the defor-
mation under the effect of the predefined profile is calculated as a function of time for a plurality of glasses or glass
ceramics, and based on this calculation, that glass or glass ceramic material is chosen, which exhibits the smallest
deformation among the plurality of these glass or glass ceramic materials. The calculation of deformation in turn typically
requires that a deformation of a glass or glass ceramic material is measured at least twice as a function of time with
different rates of change in temperature or a mechanical stress as described above, in order to determine the model
parameters, including the relaxation times of the material. Instead of selecting the best material in this manner from a
number of available glass or glass ceramic materials, it is also possible to predefine a limit value of deformation under



EP 2 912 444 B1

14

5

10

15

20

25

30

35

40

45

50

55

specific application conditions, and then to check using the invention whether one or more of these materials meet this
limit value, whereupon this material or these materials will be selected for the particular application. In this case, therefore,
a glass or glass ceramic article exhibiting a predefined time-delayed thermal or mechanical deformation is provided by

- predefining an allowable range of values of a time-delayed thermal or mechanical deformation in a temperature
range having an upper limit of not higher than 100 K below the glass transition temperature;

- measuring a deformation of the glass or glass ceramic material at least twice as a function of time and with different
rates of change in temperature or a mechanical stress; wherein the measurements are performed at temperatures
of not higher than 100 K below the glass transition temperature, and wherein

- based on these measurements, a plurality of relaxation times of the glass or glass ceramic material are determined
for a reference temperature, and weighting factors are determined, which represent a weight of the relaxation times
in the relaxation of the glass or the glass ceramic, and wherein based on the relaxation times and weighting factors,
a time-delayed change of a temperature-dependent or stress-dependent time-delayed deformation is calculated as
a function of a predefined temperature change or stress change.

- The thermal or mechanical deformation is extrapolated to the predefined allowable range of values using the one
or more relaxation time(s) and weighting factors, in particular using equation (17), and

- it is compared whether the extrapolated thermal or mechanical deformation is within the range of values. Subse-
quently, the glass or glass ceramic material is chosen when the extrapolated value of the time-dependent thermal
or mechanical deformation is within the allowable range of values.

[0099] Fig. 12 shows measured values of time-dependent thermal expansion of two glass ceramic samples from two
different production batches. Curve 45 denotes the temperature profile (cooling from +50 °C to -10 °C within 110 minutes).
Curve 46 represents the time-dependent thermal expansion of the first sample as measured, curve 47 the time-dependent
thermal expansion of the second sample. According to this laboratory measurement, the glass ceramic batch from which
sample 1 was taken appears to have substantially better properties in terms of a lowest possible thermal expansion,
since across the entire temperature range the change in length is significantly smaller than that of sample 2, curve 47.
[0100] Fig. 13 shows the thermal expansion of the two samples as calculated according to the invention under the
effect of a specific temperature-time profile (curve 48) as it may occur in operation. The time scale herein is much greater,
and the interval of temperature change of less than 10 °C is substantially smaller than in the laboratory measurement
shown in Fig. 12. Therefore, the rate of change in temperature is also much smaller. Curve 49 represents the thermal
expansion of sample 1, curve 50 the thermal expansion of sample 2. From this calculation it is now apparent that under
the specified conditions sample 2 exhibits a lower thermal expansion over a long period of time. For an application with
temperature profiles as in the exemplary embodiment it is therefore advantageous to use the glass ceramic of the second
batch and to produce a glass ceramic component therefrom, although the thermo-mechanical properties thereof appear
to be inferior at first glance.
[0101] Fig. 14 shows, as another example, the thermal expansion of two glass ceramic components of a coordinate
measuring device under the thermal conditions occurring in this application. The components are identical except for
the batch of glass ceramic material. Here, the maximum thermal expansion according to curve 51 which was calculated
based on the relevant model parameters as measured, is smaller than that of curve 52. Accordingly, it will be better to
select the component for which curve 51 was calculated for the coordinate measuring device.
[0102] Fig. 15 shows a prediction of thermal expansion in telescope mirrors made of material from three glass ceramic
batches, whose model parameters were determined based on a measurement of relaxation times. Here, the temperature
(curve 54) varies depending on the time of day, albeit slightly. The time-dependent thermal expansion of two out of the
considered samples is virtually identical (curve 56) under these application conditions. For the batch for which curve 55
was calculated, in contrast, a different time-dependent expansion in length results (curve 55), and this with a substantially
lower maximum value. Therefore, advantageously, the glass ceramic of curve 55 will be selected for this application,
and the telescope mirror will be produced therefrom.
[0103] In addition to a careful selection of glass or glass ceramic components already produced, the model prediction
also enables to selectively manufacture materials in a manner so as to comply with the specific application conditions,
as already explained before in the introductory part. For this purpose, in manufacturing the composition and/or temper-
ature-time profile during ceramization may be predetermined by interpolation or extrapolation of the properties of these
already existing glasses or glass ceramics.
[0104] Another application of the invention is the prediction of delayed elasticity of glasses and glass ceramics under
mechanical stress, also with varying temperature. This prediction may be used upon material removal under mechanical
stress, in particular in stress polishing of high-precision components, especially high-precision optical components.
Stress polishing is employed to produce aspherical surfaces. This technique is used for both glasses and glass ceramics.
A well-known application is the stress mirror polishing of telescope mirrors. Typically in this case, the reflecting body is
subjected to mechanical stress, and then a spherical surface is ground into it. During subsequent relaxation of the mirror
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body and the resulting re-deformation, the spherical surface will deform into a paraboloid segment. However, the delayed
elasticity of glass or glass ceramic materials inter alia leads to a time-delayed deformation of the surface to be treated
during material removal. Ultimately this will result in a deviation in shape of the polished optical surface from the intended
optimal shape.
[0105] One embodiment of the invention in form of a method for predicting delayed elasticity will now be described
hereinafter. Here, again, the invention enables to predict delayed elasticity for temperatures below the glass transition,
i.e. for T < Tg - 100 K taking into account the thermo-mechanical history and freely selectable thermo-mechanical
conditions of use and the associated relaxation phenomena.
[0106] What is determined are weighting factors wk (according to equation 13) and relaxation times τref,k (equation
(13) in combination with equation (7)) for the bulk modulus and the shear modulus. For the shear modulus, or for
properties from which the shear modulus can be deduced, more or less widely used measurement methods are known.
Several configurations for measuring a shear modulus are shown in Figs. 16A to 16D. The glass or glass ceramic sample
is designated by reference numeral 60 in each case. F is the force acting on the sample, s designates the direction of
the measured deformation. The measurement may be performed under uniaxial drawing (Fig. 16A), or under deflection
(Fig. 16B), or under a torsional (Fig. 16C), or shearing (Fig. 16D) force. The mechanical stress may be applied quasi-
statically after impulsive loading, or dynamically, isothermally, or with a change in temperature. The measuring methods
differ in complexity and accuracy. For the same accuracy requirements, the bulk modulus is generally more difficultly
measured, or even hardly. But it may be calculated from the difference between Young’s modulus and shear modulus.
[0107] What is measured therefore is the deformation of the sample as a function of time and mechanical stress for
a predetermined constant or variable temperature. For this purpose, the deformation is measured at least twice as a
function of time and at different rates of change of the mechanical load. One of these measurements may be used to
verify the model parameters which had been determined based on at least one previous measurement.
[0108] Since the time-dependent deformation of the sample is low when compared to the total sample deformation,
it is especially advantageous to ensure a sufficiently high sensitivity and reproducibility of the measurement method. A
fit of the mathematical model using equations (12) through (22) and an associated displacement function according to
any of terms (23) through (32) will provide the model parameters. The fit may again be accomplished using an optimization
program as described with reference to Fig. 8.
[0109] Then, by using the model parameters and the model, calculations of component deformation under specified
stress histories upon material removal under mechanical stress may be performed, for example for a mirror blank, in
particular for stress mirror polishing and with specified temperature histories.
[0110] For example, Fig. 17 shows an exemplary time profile of a deflection moment acting on the outer circumference
for bowl-shaped deformation of a mirror segment.
[0111] Furthermore, Fig. 18 shows the maximum bowl-shaped deflection spv as measured and as calculated, as a
function of time. The timeline herein starts after time t5 as depicted in Fig. 17, i.e. after the component has been relieved.
What is found due to delayed elasticity is a deflection of the component arising and increasing only after the mechanical
stress. This deflection also depends on the duration of the mechanical stress, i.e. the period between times t2 and t3 in
the example shown in Fig. 17.
[0112] In Fig. 18, curves 62 and 63 represent the maximum bowl-shaped deflection as measured and as calculated,
for a duration t3 - t2 of 3 hours. Curves 64 and 65 represent the maximum bowl-shaped deflection as measured and as
calculated for a duration t3 - t2 of 90.5 hours.
[0113] Generally, this exemplary embodiment is based on the fact that the deformation of a glass or glass ceramic
material is measured at least twice, as a function of time and with a time-varying mechanical stress, that based on the
these measurements relaxation times for the model are determined, and that based on the model a deformation of a
component is calculated as a function of a time-varying mechanical stress.
[0114] Specifically, this permits to calculate a deflection, in particular a bowl-shaped deflection of an optical component,
such as specifically that of a telescope mirror following stress mirror polishing, inter alia. In particular, this pre-calculated
deflection may be taken into account when polishing the component and so may be compensated for.
[0115] Generally, the model is applicable to almost any period of time. Therefore, the method of the invention may be
used to model and predict long-term expansions within an observation period from 1 year to 40 years. This allows for
an evaluation of long-term stability and change of length scales. Generally, therefore, a deformation of the component
may be predetermined for a time between 1 year and about 40 years in the future. The invention is likewise suitable for
predicting the deformation for nearer points in time, in particular for longer prediction periods of a duration of preferably
at least 100 minutes, as can also be seen from the attached figures.
[0116] For this purpose, in one embodiment of the invention, the thermal displacement function aT is expressed using
viscosity η, as follows:
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wherein ηref is a reference viscosity.
[0117] Fig. 19 shows the viscosity profile of several reference samples, wherein the values were determined by
measuring the thermal expansion of these samples. The range covered by these values ranges from several hours to
one day.
[0118] Now, to be able to describe the relaxation process at room temperature for times ranging from minutes to years,
the displacement function has to be known for this entire time period. Therefore, the viscosity profile of Fig. 19 has to
be extended towards both lower and higher temperatures. Viscosities clearly exceeding a value of 1013 dPa·s are virtually
not measurable using conventional viscosity measurements, due to the necessary long measurement times.
[0119] However, it is known that different material properties obey the same displacement function (Jakobson, B.,
Hecksher, T., Christiansen, T., Olsen, N.B., Dyre, J.C., Niss, K., "Identical temperature dependence of the time scales
of several linear-response functions of two glass forming liquids", J. Chem. Phys., Vol. 136, 081102 (2012)). Against
this background, the viscosity curve of Fig. 19 may be extended by measuring the permittivity and the internal mechanical
friction of the glass or glass ceramic article. At higher temperatures, the viscosity is determined using deflection tests.
[0120] Fig. 20 shows the profile of the viscosity curve extended in this way.
[0121] Based on these viscosity values, the course of the displacement function is then also given for all relevant
temperature profiles.
[0122] Therefore, according to one embodiment of the invention, without limitation to the exemplary embodiments, it
is suggested for the thermal displacement function to be expressed as a ratio of viscosity η to a reference viscosity, or
to be calculated from this ratio. In this case, the viscosity may be determined by measuring at least one of quantities
permittivity and internal mechanical friction of the glass or glass ceramic article, and/or by deflection tests on the glass
or glass ceramic article. Preferably, the measurements of permittivity, internal mechanical friction and the deflection
tests are combined, such as shown in Fig. 20, for example.
[0123] Now, the application of this embodiment of the invention to the Thirty Meter Telescope (TMT) project on Mauna
Kea in Hawaii will be described. The operating temperature of this telescope was specified to between -5 °C and +9 °C,
with a temperature gradient around 0.7 °C/h (integrated over 60 minutes).
[0124] With reference now to Fig. 21, the results of the studies for this telescope project will be explained. Curve 71
in Fig. 21 shows the temperature profile as measured on Mauna Kea between March 8 and 11, 2008. This profile has
been smoothed to reduce noise. Furthermore, the temperature profile was linearized between the temperatures in the
morning and those in the evening. This is based on the assumption that the telescope will be exposed to the influences
of an air conditioner during the day, with the dome closed, so that the telescope is at the temperature prevailing outside
the dome at the beginning of the night.
[0125] The average nocturnal temperature on Mauna Kea during the measurement period was 2 °C, with a minimum
at -0.38 °C and a maximum at 5 °C.
[0126] Curves 72 and 73 represent the thermal expansion of two samples. While curve 72 of the first sample reveals
a total thermal expansion of about 0.2 ppm, this value is only about 0.1 ppm for the second sample (curve 73). This
means that the second material is more suitable to be used as a material for the telescope mirror.
[0127] Fig. 22 shows results of measurements of thermal expansion for different material samples N, O, and T. In
terms of their "thermal history", these samples were subjected to the conditions as set forth below, after all three samples
had been ceramized in a similar manner first.
[0128] Samples T and O were subjected to an additional annealing following ceramization, during which they were
again brought to the maximum ceramization temperature. During the subsequent cooling process, sample T was cooled
to room temperature at -60 K/h, and sample O at -1 K/h. Sample N was not annealed again.
[0129] Due to these different pretreatments, the age of the three samples at the beginning of the measurements was:

Sample N: 992 days
Sample O: 125 days
Sample T: 119 days

[0130] Finally, Fig. 23 shows a comparison of the experimental data of Fig. 22 with the calculated values.

Claims

1. A method for determining time-delayed changes of temperature-dependent or stress-dependent physical quantities
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of a glass or a glass ceramic, which depend on the relaxation state of the glass or glass ceramic, in particular of
thermal or mechanical deformations of a glass or a glass ceramic in a temperature range having an upper limit not
higher than 100 K below the glass transition temperature, comprising:

measuring a deformation of the glass or glass ceramic material at least twice, with different rates of change in
temperature or a mechanical stress as a function of time, wherein the measurements are carried out at tem-
peratures of not higher than 100 K below the glass transition temperature; and
determining a plurality of relaxation times of the glass or glass ceramic material for a reference temperature;
and determining weighting factors, which represent a weight of the relaxation times in the relaxation of the glass
or the glass ceramic, wherein the relaxation times and the weighting factors are parameters of a model and
determined by fitting the model to the deformation measurements; and
calculating a time-delayed change of a temperature-dependent or stress-dependent physical quantity as a
function of a predefined temperature change or stress change based on said relaxation times and weighting
factors.

2. The method as claimed in the preceding claim, wherein at least one of the following time-delayed changes is
calculated:

- a change in length; or
- a change in volume; or
- a change in refractive index; or
- a change in heat capacity;
- a change in shear modulus;
- a change in bulk modulus;
- a change in torsion modulus;
- a change in Young’s modulus.

3. The method as claimed in the preceding claim, comprising determining relaxation times τk(Tref) at a reference
temperature Tref, and weighting factors wk, and parameters of a displacement function aT, said displacement function
specifying how the relaxation of the glass or glass ceramic material changes as a function of temperature, and
determining therefrom state variables TfA, TfAi, where TfA is represented as a spectrum of the differently relaxing
state variables TfAi, by fitting the parameters of the following equations to the measured values: 

wherein ps(T) is a specific change of physical quantity p per unit temperature, ΔT,ΔTfA is a change in temperature
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and fictive temperature, respectively, pf(TfA) is a time-delayed specific change of physical quantity p per unit tem-
perature, p0.i,p1,j are coefficients, and ψ(t) denotes a relaxation function; and
subsequently determining, from these equations with known parameters, a time-dependent change of the physical
quantity of the glass or glass ceramic material under the effect of a change in temperature or a mechanical stress
varying over time.

4. The method as claimed in the preceding claim, wherein a time-dependent change of the physical quantity, in particular
a deformation when subjected to a temperature or mechanical stress varying over time, is determined at temperatures
in a range from -50 °C to +80 °C.

5. The method as claimed in any of the preceding claims, comprising determining a fictive temperature of the glass or
the glass ceramic, and a time dependence of the fictive temperature.

6. The method as claimed in any of the preceding claims, wherein the measuring of deformation of the glass or glass
ceramic material at least twice with different rates of change in temperature or mechanical stress as a function of
time in a temperature range is performed within a temperature interval from -70 °C to +100 °C.

7. The method as claimed in any of the preceding claims, wherein based on said measurement of time-dependent
deformation, said model parameters are determined, and then these model parameters are verified by a cyclic
measurement of deformation during which temperature or mechanical stress is cyclically changed repeatedly.

8. The method as claimed in any of the preceding claims, comprising calculating, based on the relaxation times de-
termined and assuming a predefined temperature-time profile, a temporal development of thermal expansion and/or
a thermal expansion at a certain time.

9. The method as claimed in any of the preceding claims, comprising predefining a temperature profile or profile of
mechanical stress; calculating a deformation under the effect of the predefined profile as a function of time for a
plurality of glasses or glass ceramics; and based on this calculation, choosing that glass or glass ceramic material
among the plurality of said glass or glass ceramic materials, which exhibits the smallest deformation.

10. The method as claimed in any of the preceding claims, comprising measuring at least twice a deformation of a glass
or glass ceramic material as a function of time under a mechanical stress varying over time; determining relaxation
times based on these measurements; and calculating a deformation of said glass or glass ceramic material as a
function of a mechanical stress varying over time.

11. The method as claimed in the preceding claim, comprising calculating a deflection, in particular a bowl-shaped
deflection of an optical component following a material removal under mechanical stress, in particular stress polishing.

12. The method as claimed in the preceding claim, wherein the deflection previously calculated is accounted and
compensated for when polishing the component.

13. The method as claimed in any of claims 11 and 12 wherein a deformation of the component is determined for a time
between 1 year and about 40 years in the future.

14. The method as claimed in claim 3, wherein a thermal displacement function is expressed as a ratio of viscosity η
to a reference viscosity, wherein the viscosity is determined by measuring permittivity and internal mechanical friction
of the glass or glass ceramic article, and by deflection tests on the glass or glass ceramic article.

15. The method according to claim 1 for providing a glass or glass ceramic article exhibiting a predefined time-delayed
thermal or mechanical deformation, comprising the steps of:

- predefining an allowable range of values of a time-delayed thermal or mechanical deformation in a temperature
range having an upper limit of not higher than 100 K below a glass transition temperature;
- calculating a time-delayed change of a temperature-dependent or stress-dependent time-delayed deformation
of a glass or glass ceramic material as a function of a predefined change in temperature or stress using the
method according to claim 1;
- extrapolating the thermal or mechanical deformation to the predefined allowable range of values using the
one or more relaxation time (s); and
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- comparing whether the extrapolated thermal or mechanical deformation is within the range of values; and
- choosing the glass or glass ceramic material when the extrapolated value of time-dependent thermal or
mechanical deformation is within the allowable range of values.

Patentansprüche

1. Verfahren zur Bestimmung zeitverzögerter Änderungen von temperatur- oder spannungsabhängigen physikalischen
Größen eines Glases oder einer Glaskeramik, welche vom Relaxationszustand des Glases oder der Glaskeramik
abhängig sind, insbesondere von thermischen oder mechanischen Verformungen eines Glases oder einer Glaske-
ramik in einem Temperaturbereich, dessen Obergrenze mindestens 100 K unterhalb der Glasübergangstemperatur
liegt, umfassend:

mindestens zweimaliges Messen einer Verformung des Glas- oder Glaskeramikmaterials mit unterschiedlichen
Änderungsraten der Temperatur oder einer mechanischen Belastung in Abhängigkeit von der Zeit, wobei die
Messungen bei Temperaturen mindestens 100 K unterhalb der Glasübergangstemperatur erfolgen, und
Bestimmen mehrerer Relaxationszeiten des Glas- oder Glaskeramikmaterials für eine Referenztemperatur und
Bestimmen von Wichtungsfaktoren, welche die Wichtung der Relaxationszeiten bei der Relaxation des Glases
oder der Glaskeramik wiedergeben, wobei die Relaxationszeiten und die Wichtungsfaktoren Parameter eines
Modells sind und durch Fitten des Modells an die Verformungsmessungen bestimmt werden, und
Berechnen einer zeitverzögerten Änderung einer temperatur- oder spannungsabhängigen physikalischen Grö-
ße in Abhängigkeit von einer vorgegebenen Temperaturänderung oder Spannungsänderung auf Grundlage
der Relaxationszeiten und Wichtungsfaktoren.

2. Verfahren gemäß vorstehendem Anspruch, wobei zumindest eine der folgenden zeitverzögerten Änderungen be-
rechnet wird:

- eine Längenänderung oder
- eine Volumenänderung oder
- eine Änderung des Brechungsindex oder
- eine Änderung der Wärmekapazität,
- eine Änderung des Schubmoduls,
- eine Änderung des Kompressionsmoduls,
- eine Änderung des Torsionsmoduls,
- eine Änderung des Elastizitätsmoduls.

3. Verfahren gemäß vorstehendem Anspruch, umfassend das Bestimmen von Relaxationszeiten τk(Tref) bei einer
Referenztemperatur Tref und von Wichtungsfaktoren wk sowie von Parametern einer Verschiebungsfunktion aT,
wobei die Verschiebungsfunktion angibt, wie sich die Relaxation des Glas- oder Glaskeramikmaterials in Abhän-
gigkeit von der Temperatur ändert, und daraus das Bestimmen von Zustandsvariablen TfA, TfAi, wobei TfA als ein
Spektrum der unterschiedlich relaxierenden Zustandsvariablen TfAi dargestellt wird, durch Fitten der Parameter der
folgenden Gleichungen an die Messwerte: 
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wobei ps(T) die spezifische Änderung der physikalischen Größe p pro Temperatureinheit ist, ΔT, ΔTfA die Änderung
der Temperatur bzw. der fiktiven Temperatur ist, pf(TfA) die zeitverzögerte spezifische Änderung der physikalischen
Größe p pro Temperatureinheit ist, p0.i , p1,j Koeffizienten sind, und Ψ(t) eine Relaxationsfunktion bezeichnet, und
wobei danach aus diesen Gleichungen mit bekannten Parametern eine zeitabhängige Änderung der physikalischen
Größe des Glas- oder Glaskeramikmaterials unter Einwirkung einer Temperaturänderung oder einer zeitlich verän-
derlichen mechanischen Belastung bestimmt wird.

4. Verfahren gemäß vorstehendem Anspruch, wobei eine zeitabhängige Änderung der physikalischen Größe bestimmt
wird, insbesondere eine Verformung unter Einwirkung einer sich zeitlich ändernden Temperatur oder mechanischen
Belastung bei Temperaturen im Bereich von -50°C bis +80°C.

5. Verfahren nach einem der vorstehenden Ansprüche, welches das Bestimmen einer fiktiven Temperatur des Glases
oder der Glaskeramik sowie einer Zeitabhängigkeit der fiktiven Temperatur umfasst.

6. Verfahren nach einem der vorstehenden Ansprüche, wobei die zumindest zweimalige zeitabhängige Messung der
Verformung des Glas- oder Glaskeramikmaterials mit unterschiedlichen Änderungsraten der Temperatur oder me-
chanischen Belastung in einem Temperaturbereich innerhalb eines Temperaturintervalls von -70°C bis +100°C
durchgeführt wird.

7. Verfahren nach einem der vorstehenden Ansprüche, wobei anhand der Messung der zeitabhängigen Verformung
die Modellparameter bestimmt werden und diese Modellparameter danach anhand einer zyklischen Messung der
Verformung, bei welcher die Temperatur oder mechanische Belastung mehrfach zyklisch geändert wird, überprüft
werden.

8. Verfahren nach einem der vorstehenden Ansprüche, welches das Berechnen eines zeitlichen Verlaufs der thermi-
schen Dehnung und/oder der thermischen Dehnung zu einem bestimmten Zeitpunkt anhand der ermittelten Rela-
xationszeiten unter Annahme eines vorgegebenen Temperatur-Zeit-Profils umfasst.

9. Verfahren nach einem der vorstehenden Ansprüche, umfassend das Vorgeben eines Temperaturverlaufs oder eines
Verlaufs der einer mechanischen Belastung, das Berechnen der zeitabhängigen Verformung unter Einfluss des
vorgegebenen Verlaufs für eine Mehrzahl von Gläsern oder Glaskeramiken, sowie auf Grundlage dieser Berechnung
das Auswählen desjenigen Glas- oder Glaskeramikmaterials, welches unter der Mehrzahl dieser Glas- oder Glas-
keramikmaterialien die geringste Verformung aufweist

10. Verfahren nach einem der vorstehenden Ansprüche, umfassend das zumindest zweimalige zeitabhängige Messen
der Verformung eines Glas- oder Glaskeramikmaterials unter zeitlich veränderlicher mechanischer Belastung, das
Ermitteln von Relaxationszeiten auf Grundlage dieser Messungen sowie das Berechnen einer Verformung des Glas-
oder Glaskeramikmaterials in Abhängigkeit von einer zeitlich veränderlichen mechanischen Belastung,

11. Verfahren gemäß vorstehendem Anspruch, umfassend das Berechnen einer Durchbiegung, insbesondere einer
schüsselförmigen Durchbiegung eines optischen Bauteils nach einem Materialabtrag unter mechanischer Belastung,
insbesondere einem Spannungspolieren.

12. Verfahren gemäß vorstehendem Anspruch, wobei die zuvor berechnete Durchbiegung beim Polieren des Bauteils
berücksichtigt und kompensiert wird.

13. Verfahren nach einem der Ansprüche 11 und 12, wobei eine Verformung des Bauteils für einen Zeitpunkt bestimmt
wird, der zwischen 1 und etwa 40 Jahren in der Zukunft liegt.
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14. Verfahren nach Anspruch 3, wobei eine thermische Verschiebungsfunktion als Verhältnis der Viskosität η zu einer
Referenzviskosität ausgedrückt wird, wobei die Viskosität durch Messung von Permittivität und innerer mechanischer
Reibung des Glas- oder Glaskeramikartikels sowie durch Biegeversuche an dem Glas- oder Glaskeramikartikel
bestimmt wird.

15. Verfahren nach Anspruch 1 zum Bereitstellen eines Glas- oder Glaskeramikartikels mit definierter zeitverzögerter
thermischer oder mechanischer Verformung, mit folgenden Schritten:

- Vorgeben eines zulässigen Wertebereichs einer zeitverzögerten thermischen oder mechanischen Verformung
in einem Temperaturbereich mit einer Obergrenze von mindestens 100 K unterhalb der Glasübergangstempe-
ratur,
- Berechnen einer zeitverzögerten Änderung einer temperatur- oder spannungsabhängigen zeitverzögerten
Verformung eines Glas- oder Glaskeramikmaterials in Abhängigkeit von einer vorgegebenen Temperatur- oder
Spannungsänderung mittels des Verfahrens gemäß Anspruch 1,
- Extrapolieren der thermischen oder mechanischen Verformung auf den vorgegebenen zulässigen Wertebe-
reich mittels der einen oder mehreren Relaxationszeit(en) und - Vergleichen, ob die extrapolierte thermische
oder mechanische Verformung innerhalb des Wertebereichs liegt, und
- Auswählen des Glas- oder Glaskeramikmaterials, wenn der extrapolierte Wert der zeitabhängigen thermischen
oder mechanischen Verformung innerhalb des zulässigen Wertebereichs liegt.

Revendications

1. Procédé pour déterminer les variations temporellement retardées de quantités physiques dépendantes de la tem-
pérature ou dépendantes de la contrainte d’un verre ou d’une vitrocéramique, qui dépendent de l’état de relaxation
du verre ou de la vitrocéramique, en particulier des déformations thermiques ou mécaniques d’un verre ou d’une
vitrocéramique dans une plage de températures présentant une limite supérieure non supérieure à 100 K en dessous
de la température de transition vitreuse, comprenant :

la mesure d’une déformation du matériau en verre ou en vitrocéramique au moins deux fois, avec différentes
vitesses de changement de température ou une contrainte mécanique en fonction du temps, dans lequel les
mesures sont effectuées à des températures non supérieures à 100 K en dessous de la température de transition
vitreuse ; et
la détermination d’une pluralité de temps de relaxation du matériau en verre ou en vitrocéramique pour une
température de référence ; et la détermination de facteurs de pondération, qui représentent un poids des temps
de relaxation dans la relaxation du verre ou de la vitrocéramique, dans lequel les temps de relaxation et les
facteurs de pondération sont des paramètres d’un modèle et déterminés par l’ajustement du modèle aux mesures
de déformation ; et
le calcul d’une variation temporellement retardée d’une quantité physique dépendante de la température ou
dépendante de la contrainte en fonction d’une variation de température ou d’une variation de contrainte prédéfinie
sur la base desdits temps de relaxation et facteurs de pondération.

2. Procédé selon la revendication précédente, dans lequel au moins l’une des variations temporellement retardées
suivantes est calculée :

- une variation de longueur ; ou
- une variation de volume ; ou
- une variation d’indice de réfraction ; ou
- une variation de capacité calorifique ;
- une variation de module de cisaillement ;
- une variation de module de compressibilité ;
- une variation de module de torsion ;
- une variation de module de Young.

3. Procédé selon la revendication précédente, comprenant la détermination des temps de relaxation τk(Tref) à une
température de référence Tref, et des facteurs de pondération wk, et des paramètres d’une fonction de déplacement
aT, ladite fonction de déplacement spécifiant comment la relaxation du matériau en verre ou en vitrocéramique varie
en fonction de la température, et la détermination à partir de ceux-ci des variables d’état TfA, TfAi, où TfA est
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représentée sous la forme d’un spectre des variables d’état TfAi différemment relaxantes, par l’ajustement des
paramètres des équations suivantes aux valeurs mesurées : 

dans lesquelles ps(T) est une variation spécifique de quantité physique p par unité de température, ΔT,ΔTfA est une
variation de température et de température fictive, respectivement, pf(TfA) est une variation spécifique temporelle-
ment retardée de quantité physique p par unité de température, P0,i, P1,j sont des coefficients, et Ψ(t) indique une
fonction de relaxation ;
et
ensuite la détermination, à partir de ces équations avec des paramètres connus, d’une variation dépendante du
temps de la quantité physique du matériau en verre ou en vitrocéramique sous l’effet d’une variation de température
ou d’une contrainte mécanique variant au cours du temps.

4. Procédé selon la revendication précédente, dans lequel une variation dépendante du temps de la quantité physique,
en particulier une déformation lorsqu’elle est soumise à une température ou contrainte mécanique variant au cours
du temps, est déterminée à des températures dans une plage de -50 °C à +80 °C.

5. Procédé selon l’une quelconque des revendications précédentes, comprenant la détermination d’une température
fictive du verre ou de la vitrocéramique, et d’une dépendance temporelle de la température fictive.

6. Procédé selon l’une quelconque des revendications précédentes, dans lequel la mesure de la déformation du
matériau en verre ou en vitrocéramique au moins deux fois avec différentes vitesses de variation de température
ou de contrainte mécanique en fonction du temps dans une plage de températures est effectuée dans un intervalle
de températures de -70 °C à +100 °C.

7. Procédé selon l’une quelconque des revendications précédentes, dans lequel, sur la base de ladite mesure de
déformation dépendante du temps, lesdits paramètres de modèle sont déterminés, et ensuite ces paramètres de
modèle sont vérifiés par une mesure cyclique de déformation pendant laquelle la température ou la contrainte
mécanique est modifiée de manière cyclique de manière répétée.

8. Procédé selon l’une quelconque des revendications précédentes, comprenant le calcul, sur la base des temps de
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relaxation déterminés et en supposant un profil prédéfini de température-temps, d’un développement temporel de
dilatation thermique et/ou d’une dilatation thermique à un certain moment.

9. Procédé selon l’une quelconque des revendications précédentes, comprenant la prédéfinition d’un profil de tempé-
rature ou d’un profil de contrainte mécanique ; le calcul d’une déformation sous l’effet du profil prédéfini en fonction
du temps pour une pluralité de verres ou de vitrocéramiques ; et sur la base de ce calcul, le choix du matériau en
verre ou en vitrocéramique parmi la pluralité desdits matériaux en verre ou en vitrocéramique qui présente la plus
petite déformation.

10. Procédé selon l’une quelconque des revendications précédentes, comprenant la mesure au moins deux fois d’une
déformation d’un matériau en verre ou en vitrocéramique en fonction du temps sous une contrainte mécanique
variant au cours du temps ;
la détermination de temps de relaxation sur la base de ces mesures ; et le calcul d’une déformation dudit matériau
en verre ou en vitrocéramique en fonction d’une contrainte mécanique variant au cours du temps.

11. Procédé selon la revendication précédente, comprenant le calcul d’une déflexion, en particulier une déflexion en
forme de bol d’un composant optique après un retrait de matériau sous contrainte mécanique, en particulier un
polissage sous contrainte.

12. Procédé selon la revendication précédente, dans lequel la déflexion précédemment calculée est prise en compte
et compensée lors du polissage du composant.

13. Procédé selon l’une quelconque des revendications 11 et 12, dans lequel une déformation du composant est
déterminée pendant une durée entre 1 an et environ 40 ans dans le futur.

14. Procédé selon la revendication 3, dans lequel une fonction de déplacement thermique est exprimée sous la forme
d’un rapport d’une viscosité η à une viscosité de référence, dans lequel la viscosité est déterminée en mesurant la
permittivité et le frottement mécanique interne de l’article en verre ou en vitrocéramique, et par des tests de déflexion
sur l’article en verre ou en vitrocéramique.

15. Procédé selon la revendication 1 pour fournir un article en verre ou en vitrocéramique présentant une déformation
thermique ou mécanique temporellement retardée prédéfinie, comprenant les étapes suivantes :

- la prédéfinition d’une plage admissible de valeurs d’une déformation thermique ou mécanique temporellement
retardée dans une plage de températures présentant une limite supérieure non supérieure à 100 K en dessous
d’une température de transition vitreuse ;
- le calcul d’une variation temporellement retardée d’une déformation temporellement retardée dépendante de
la température ou dépendante de la contrainte d’un matériau en verre ou en vitrocéramique en fonction d’une
variation prédéfinie de température ou de contrainte en utilisant le procédé selon la revendication 1 ;
- l’extrapolation de la déformation thermique ou mécanique à la plage admissible prédéfinie de valeurs en
utilisant les un ou plusieurs temps de relaxation ; et
- la comparaison si la déformation thermique ou mécanique extrapolée est dans la plage de valeurs ; et
- le choix du matériau en verre ou en vitrocéramique quand la valeur extrapolée de la déformation thermique
ou mécanique dépendante du temps est dans la plage admissible de valeurs.
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