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(54)  A  trigonometric  transform  function  generator. 

  A  single  carrier  is  amplitude-modulated  by  a  signal 
which  is  a  transform  (as  the  sine  function)  of  the  audio 
signal,  and  one  set  of  sidebands  is  removed.  In  a  receiver 
(76),  the  signal  can  be  recovered  by  first  deriving  the  Hilbert 
transform  of  the  sine  transform,  and  multiplying  it  by  the 
signum  of the  derivative  of the  original  audio  signal to  obtain 
the  cosine  transform.  The  sine  and  cosine  transforms  are 
then  decoded  to  obtain  the  original  audio  signal. 



B a c k g r o u n d   of   t h e   I n v e n t i o n  

T h i s   i n v e n t i o n   r e l a t e s   t o   t h e   f i e l d   of   r a d i o   t r a n s -  

m i s s i o n s   s y s t e m s   and ,   more   p a r t i c u l a r l y ,   to   a  s y s t e m   f o r  

p r o v i d i n g   a l l   of  t h e   a d v a n t a g e s   of   p r e s e n t   FM  s y s t e m s  

w i t h i n   o n e - h a l f   t h e   n o r m a l   b a n d w i d t h .  

I t   i s   w e l l   known  t h a t   a n g u l a r   m o d u l a t i o n   s y s t e m s  

have   a d v a n t a g e s   o v e r   a m p l i t u d e   m o d u l a t i o n   s y s t e m s ,   n o t -  

a b l y   in   t h e   a r e a s   of  s i g n a l - t o - n o i s e   r a t i o   and  in  t h e  

a b i l i t y   to   " c a p t u r e "   a  r e c e i v e r .   H o w e v e r ,   due   t o  t h e  

s t e a d i l y   i n c r e a s i n g   demand  f o r   more   c o m m u n i c a t i o n   c h a n -  

n e l s   t h r o u g h o u t   t h e   r a d i o   s p e c t r u m ,   t h e   s m a l l e r   b a n d w i d t h  

r e q u i r e d   by  AM-SSB  s y s t e m s   h a s   b e g u n   to   a p p e a r   m o r e  

d e s i r a b l e   in  s p i t e   of  t he   c o n s i d e r a b l e   d i s a d v a n t a g e s .  

T h u s ,   t h e r e   has   d e v e l o p e d   a  n e e d   f o r   a  s y s t e m   h a v i n g   t h e  

a d v a n t a g e s   of   FM  w i t h i n   t h e   b a n d w i d t h   of  an  AM-SSB 

s y s t e m .  

Known  a n g u l a r   m o d u l a t i o n   s y s t e m s   a r e   of   two  m a i n  

t y p e s .   One  s y s t e m   u s e s   d i r e c t   f r e q u e n c y   m o d u l a t i o n   of  a n  

o s c i l l a t o r   w h i c h   c o u l d   n o t   be  a  s t a b l e   o s c i l l a t o r   s u c h   a s  

a  c r y s t a l   o s c i l l a t o r   e x c e p t   w i t h   a  v e r y   low  m o d u l a t i o n  

i n d e x .   The  u s u a l   p h a s e   m o d u l a t e d   s y s t e m   u s e s   a  s t a b l e  

o s c i l l a t o r   w i t h   n a r r o w b a n d   m o d u l a t i o n ,   t h e n   m u l t i p l i e s  

t h e   f r e q u e n c y   of  t h e   m o d u l a t e d   s i g n a l   to   o b t a i n   t h e   d e -  

s i r e d   b r o a d b a n d   s i g n a l .  



S u m m a r y   of  t h e   I n v e n t i o n  

I t   i s   t h e r e f o r e   an  o b j e c t   of  t h e   p r e s e n t   i n v e n t i o n  

t o   p r o v i d e   a  t r a n s m i s s i o n   s y s t e m   h a v i n g   t h e -  a d v a n t a g e s  

of   FM  t r a n s m i s s i o n   and  a p p r o x i m a t e l y   o n e - h a l f   t h e   b a n d -  

w i d t h .  

A n o t h e r   o b j e c t   i s   to   p r o v i d e   an  i m p r o v e d   s y s t e m   o f  

FM  t r a n s m i s s i o n .  

T h e s e   o b j e c t s   and  o t h e r s   w h i c h   w i l l   b e c o m e   a p p a r e n t  

a r e   o b t a i n e d   in   a  s y s t e m   w h e r e i n   t h e   m o d u l a t i n g   s i g n a l   i s  

one   o f   t h e   t r a n s f o r m   s i g n a l s   of   an  FM  s y s t e m ,   w i t h   o n e  

s e t   o f   s i d e b a n d s   r e m o v e d .   The  s e c o n d   t r a n s f o r m   s i g n a l  

c a n   be   r e c o v e r e d   a t   t h e   r e c e i v e r   t o   p r o v i d e   t h e   o r i g i n a l  

i n p u t   s i g n a l .  

B r i e f   D e s c r i p t i o n   of  t h e   D r a w i n g  

F I G .   1  i s   a  b l o c k   d i a g r a m   of  an  FM  s y s t e m .  

F I G S .   2A,  B  and  C  a r e   b l o c k   d i a g r a m s   of  t h r e e  

e m b o d i m e n t s   of  t h e   d e c o d e r   of  F IG .   1 .  

F I G .   3  i s   a  b l o c k   d i a g r a m   of  s t i l l   a n o t h e r   e m b o d i -  

m e n t   o f   t h e   d e c o d e r   of   FIG.   1 .  

F I G .   4  i s   a  b l o c k   d i a g r a m   of   t h e   t r a n s f o r m   m o d u l a -  

t i o n   s y s t e m   w i t h   w a v e f o r m s .  

F I G .   5  i s   a  more  d e t a i l e d   d i a g r a m   r e l a t i n g   t o  

F I G .   4 .  

F I G .   6  i s   a  c h a r t   of   w a v e f o r m s   r e l a t e d   t o   F IGS.   5 

and   8 .  

F I G .   7  i s   a  b l o c k   d i a g r a m   of  a  p o r t i o n   of   t h e  

d i a g r a m   of  F IG .   5 .  

F I G .   8  i s   a  b l o c k   d i a g r a m   of  an  a d d i t i o n a l   e l e m e n t  

t o   be  u s e d   w i t h   FIG.  7 .  

F I G .   9  i s   a  c o m p a r i s o n   c h a r t   of   s y s t e m   c h a r a c t e r i s -  

t i c s .  

F I G .  1 0   i s  a   b l o c k  d i a g r a m   r e l a t e d   t o  t h e   t r a n s -  

m i t t e r   p o r t i o n   of  FIG.   5 .  



D e t a i l e d   D e s c r i p t i o n   of  t h e   P r e f e r r e d   E m b o d i m e n t s  

B a c k g r o u n d   T h e o r y  

In  o r d e r   to   f a c i l i t a t e   a  b e t t e r   u n d e r s t a n d i n g   of  t h e  

s p e c i f i c   e m b o d i m e n t s   of  t h e   p r e s e n t   i n v e n t i o n ,   i t   may  b e  

p r e f e r a b l e   t o   b e g i n   by  d i s c u s s i n g   t h e   e x i s t i n g   s y s t e m s   o f  

m o d u l a t i o n   as  u s e d   w i t h   a n a l o g   s i g n a l s .   T h e s e   f a l l   i n t o  

two  b a s i c   c a t e g o r i e s ,   e a c h   w i t h   i t s   own  a d v a n t a g e s   a n d  

d i s a d v a n t a g e s .   A m p l i t u d e   m o d u l a t i o n   as  u s e d   in   s t a n d a r d  

b r o a d c a s t i n g ,   i s   a  d o u b l e   s i d e b a n d   s i g n a l   (AM-DSB)  s y s t e m  

i n c l u d i n g   t h e   c a r r i e r   f r e q u e n c y   and  r e q u i r e s   a  b a n d w i d t h  

d o u b l e   t h e   a u d i o   b a n d w i d t h   s i n c e   t h e r e   i s   a  s i d e b a n d   o n  

e a c h   s i d e   of  t h e   c a r r i e r   f r e q u e n c y   f o r   e a c h   f r e q u e n c y   i n  

t h e   m o d u l a t i n g   s i g n a l .   S u p p r e s s i n g   t h e   c a r r i e r   f r e q u e n c y  

(AM-DSB-SC)  i m p r o v e s   t h e   s i g n a l - t o - n o i s e   r a t i o   by  as  m u c h  

as  6  dB.  S i n g l e   s i d e b a n d   AM  t r a n s m i s s i o n ,   as  u s e d   f o r  

o t h e r   t h a n   t h e   b r o a d c a s t   b a n d ,   r e d u c e s   t h e   r e q u i r e d  

b a n d w i d t h   by  h a l f ,   i s   t y p i c a l l y   u s e d   w i t h   a  s u p p r e s s e d  

c a r r i e r   ( A M - S S B - S C ) ,   and  t h e   s i g n a l - t o - n o i s e   r a t i o   i s  

b e t t e r   t h a n   w i t h   AM-DSB  o r   AM-DSB-SC.   The  s e c o n d   b a s i c  

m e t h o d   of  m o d u l a t i o n   i s   a n g u l a r   m o d u l a t i o n   w h i c h   may  b e  

e i t h e r   f r e q u e n c y   (FM)  or  p h a s e   (PM)  m o d u l a t i o n .   I n  

a n g u l a r   m o d u l a t i o n ,   o n l y   t h e   f r e q u e n c y   (o r   p h a s e )   of  t h e  

c a r r i e r   f r e q u e n c y   is   v a r i e d   by  t h e   m o d u l a t i n g   s i g n a l .  

The  r e q u i r e d   b a n d w i d t h   d e p e n d s   on  t h e   m o d u l a t i n g   i n d e x  

a n d ,   f o r   n o r m a l   b r o a d c a s t i n g ,   i s   a t   l e a s t   t e n   t i m e s   t h e  

a u d i o   b a n d w i d t h   w h i c h   p r o v i d e s   a  s i g n i f i c a n t   i m p r o v e m e n t  

in   s i g n a l - t o - n o i s e   r a t i o .   T h i s   may  be  t e r m e d   w i d e b a n d  

FM,  u s u a l l y   r e f e r r e d   to   m e r e l y   as  FM.  In  n a r r o w b a n d   FM 

(FM-NB)  t h e   m o d u l a t i n g   i n d e x   may  be  as  low  as  1 . 0 ,   m a k i n g  

t h e   b a n d w i d t h   a p p r o x i m a t e l y   t h e   same  as  f o r   AM-DSB,  b u t  

t h e   s i g n a l - t o - n o i s e   r a t i o   i s   s t i l l   g r e a t e r   t h a n   f o r   a n y  

f o r m  o f  A M  a s s u m i n g   t h a t   b o t h   AM  a n d  F M   u s e   p r e - e m p h a s i s  

and   d e - e m p h a s i s .  



In  t r a n s f o r m   m o d u l a t i o n   (TM)  t h e   a d v a n t a g e s   of  b o t h  

AM and  FM  a r e   c o m b i n e d ;   i . e . ,   f o r   any  g i v e n   t r a n s m i s s i o n  

b a n d w i d t h ,   t he   s i g n a l - t o - n o i s e   r a t i o   w i l l   be  c o n s i d e r a b l y  

g r e a t e r   w i t h   TM  t h a n   w i t h   any  f o r m   of   AM  or  FM  (PM)  a n d  

t h e   " c a p t u r e "   c h a r a c t e r i s t i c   o f   FM i s   r e t a i n e d .   T h i s   c a n  

b e s t   be  s e e n   by  f i r s t   r e c o g n i z i n g   t h a t   an  FM  s i g n a l   c a n  

be  r e p r e s e n t e d   by  e i t h e r :  

w h e r e   Ac  is  the   c a r r i e r   a m p l i t u d e ,  ω a   is  2 π f a ,   t h e   a u d i o  

f r e q u e n c y ,   and  mf  i s  Δ F / f a   w h e r e  Δ F   is   the   p e a k   f r e -  

q u e n c y   d e v i a t i o n ,   or  by  

E q u a t i o n   2  i s   t h u s   s e e n   to  be  a  form  of  d o u b l e   s i d e b a n d ,  

s u p p r e s s e d   c a r r i e r ,   q u a d r a t u r e   m o d u l a t e d   AM  s y s t e m   w i t h  

b o t h   s i d e b a n d s   r e q u i r e d   f o r   c o h e r e n t   d e c o d i n g   of  t h e  

o r i g i n a l   i n p u t   s i g n a l .   In  d i s t i n c t i o n   to  known  AM  q u a d -  

r a t u r e   s i g n a l s ,   h o w e v e r ,   e a c h   of  the  m o d u l a t i n g   s i g n a l s ,  

c o s   (mf  s i n  ω a t )   and  s in   (mf  s i n  ω  a t )   is  a  " t r a n s f o r m "  

of   the   o r i g i n a l   a u d i o   s i g n a l   m u l t i p l i e d   by  the   m o d u l a t i o n  

i n d e x .   T h u s ,   e ach   of  the  m o d u l a t i n g   s i g n a l s   has   a  l i m i t -  

ed  p e a k   m a g n i t u d e ,   l i m i t e d   by  t h e   maximum  v a l u e s   of  s i n e  

and  c o s i n e .   T h i s   a m o u n t s   to  " f o l d i n g "   e a c h   s i g n a l   b a c k  

upon   i t s e l f .   I t   is  t h i s   f o l d i n g   p r o c e s s   w h i c h   p r o v i d e s  

b o t h   the   c a p t u r e   c h a r a c t e r i s t i c   and  t h e   h i g h e r   s i g n a l - t o -  

n o i s e   r a t i o   of  FM  s i n c e ,   when  t h e   s i g n a l   is  " u n f o l d e d "  

t h e   l e v e l   of  any  n o i s e   i n t r o d u c e d   d u r i n g   t r a n s m i s s i o n  

r e m a i n s   u n c h a n g e d .  

In  o r d e r   to  p r o v i d e   an  i d e a l   s i g n a l   i t   is  n e c e s s a r y  

to   d e t e r m i n e  w h a t   f u n c t i o n   of   t h e   o r i g i n a l   s i g n a l ,   w h e n  

u s e d   to  m o d u l a t e   t he   c a r r i e r   s i n g l e   s i d e b a n d ,   would   a l l o w  

c o h e r e n t   d e c o d i n g   a t   a  r e c e i v e r .   Such  a  f u n c t i o n   m u s t  

h a v e   the  f o l l o w i n g   c h a r a c t e r i s t i c s :   I t   must   s o m e h o w  

" f o l d "   the   s i g n a l   b a c k   upon  i t s e l f   in  o r d e r   to  m a i n t a i n   a  

c o n s t a n t   p e a k   a m p l i t u d e  o f  t h e   c a r r i e r ;   i t   m u s t  d o   t h e  

" f o l d i n g "   in  a  m a n n e r   w h i c h   p r o d u c e s   the   min imum  n u m b e r  



of  s i d e b a n d s   ( n a r r o w e s t   p o s s i b l e   b a n d w i d t h ) ;   and ,   o f  

c o u r s e ,   i t   m u s t   be  a  f u n c t i o n   w h i c h   i s   p o s s i b l e   to  o b t a i n  

and   t o   d e c o d e .  

As  w i l l   b e c o m e   a p p a r e n t ,   t h e   i d e a l   way  to   o b t a i n  

s u c h   a  f u n c t i o n   i s   t o   t r a n s f o r m   t h e   s i g n a l   mf  s i n   ω a t  
t o   s i n   (mf  s i n   ω a t )   w h i c h   h a s   a  c o n s t a n t   p e a k   a m p l i t u d e  

f o r   v a l u e s   of   m.  g r e a t e r   t h a n   π / 2 .   When  a  s i n g l e   c a r r i e r  

i s   a m p l i t u d e   m o d u l a t e d   w i t h   t h i s   t r a n s f o r m   s i g n a l   ( h e r e i n  

t e r m e d   "TM"  f o r   " t r a n s f o r m  m o d u l a t i o n " ) ,   and  one  s e t   o f  

s i d e b a n d s   i s   r e m o v e d   b e f o r e   t r a n s m i s s i o n ,   t h e   s i g n a l - t o -  

n o i s e   r a t i o   of  t h e   r e c e i v e d   s i g n a l   i s   t h e   same  as  an  FM 

s i g n a l   w i t h   t h e   same  m o d u l a t i o n   i n d e x   (and   t w i c e   t h e  

b a n d w i d t h )   and  b e t t e r   t h a n   an  AM  s i g n a l   of   t h e   same  b a n d -  

w i d t h .  

F I G .   1  i l l u s t r a t e s   how  an  u n d e r s t a n d i n g   of  t he   e q u a -  
t i o n   (2)  as  g i v e n   a b o v e   can   be  u s e d   t o   p r o v i d e   a  new  t r a n s -  

m i s s i o n   s y s t e m   f o r   s t a n d a r d   FM.  A  s i g n a l   f ( t )   i s   c o u p l e d  

f r o m   a  t e r m i n a l   10  to   two  f u n c t i o n   g e n e r a t o r s   12,  14,   w h i c h  

p r o v i d e   t h e   c o m p l e m e n t a r y   f u n c t i o n s   f 1  ( t )   and  f 2 ( t )   w h i c h  

a r e   s i n   f ( t )   and  cos  f ( t )   w h i c h   w i l l   be  r e f e r r e d   to   h e r e i n -  

b e l o w .   The  s i g n a l s   f r o m   f u n c t i o n   g e n e r a t o r s   12,   1 4 ' m a y   b e  

c o u p l e d   t h r o u g h   l o w p a s s   f i l t e r s   15  w h i c h   w o u l d   p a s s   a l l   f r e -  

q u e n c i e s   n e c e s s a r y   to   a l l o w   r e c o v e r y   of   s i n   f ( t )   and  c o s  

f ( t )   w i t h   s a t i s f a c t o r y   a c c u r a c y .   T h e s e   s i g n a l s   a r e   c o u p l e d  

as  i n p u t s   to   a  f o rm  of  AM  q u a d r a t u r e   s y s t e m   16  ( shown  i n  

d a s h e d   l i n e )   and  a r e ,   w i t h i n   t he   l i m i t s   o f   t h e   t r a n s m i s -  

s i o n   s y s t e m ,   t h e   o u t p u t   s i g n a l s   of  t h e   s y s t e m   16.  The  s y s -  

tem  16  i n c l u d e s   an  e n c o d i n g   or  m o d u l a t i o n   p o r t i o n   h a v i n g   a  

f r e q u e n c y   s o u r c e   18  f o r   p r o v i d i n g   s i n   ω c t ,   a  p h a s e   s h i f t e r  

20  f o r   p r o d u c i n g   a  q u a d r a t u r e   s i g n a l   cos   ω c t ,   a  m u l t i p l i e r  

22  c o u p l e d   to   f u n c t i o n   g e n e r a t o r   12  and  f r e q u e n c y   s o u r c e  

18 ,   a  m u l t i p l i e r   24  c o u p l e d   to   f u n c t i o n   g e n e r a t o r   14  a n d  

p h a s e   s h i f t e r   20,   and  an  a d d e r   26  c o u p l e d   to  c o m b i n e   t h e  

o u t p u t s   of  m u l t i p l i e r s   22,  24.  The  a d d e r   o u t p u t   i s  

c o n n e c t e d  b y   a  l i n k   28  to   a  d e m o d u l a t i o n   p o r t i o n   of  t h e  

s y s t e m   16  w h i c h   may  c o n t a i n   a  f r e q u e n c y   s o u r c e   30,  a  



p h a s e   s h i f t e r   32,   a  m u l t i p l i e r   34  c o u p l e d   to   t h e   l i n k   2 8  

and  s o u r c e   30,   a  m u l t i p l i e r   36  c o u p l e d   to  the  l i n k   28  a n d  

t h e   p h a s e   s h i f t e r   32.   The  f r e q u e n c y   s o u r c e   30  may  b e  

s y n c h r o n i z e d   w i t h   t h e   f r e q u e n c y   s o u r c e   18.  I t   w i l l   b e  

s e e n   t h a t   t h e   o u t p u t s   o f   t he   m u l t i p l i e r s   34,  36,   a r e  

e s s e n t i a l l y   f l ( t )   and  f 2 ( t ) .   The  FM  s i g n a l   in  the   l i n k  

28  can   be  an  RF  s i g n a l   w h i c h   may  be  a m p l i f i e d ,   t r a n s l a t e d  

in  f r e q u e n c y   and  t r a n s m i t t e d ,   t h u s   t h e   l i n k   28  may  b e  

m e r e l y   one  w i r e   or  a  c o m p l e t e   t r a n s m i t t i n g / r e c e i v i n g  

s y s t e m .  

K e e p i n g   in  mind  t h a t   the   m o d u l a t i n g   s i g n a l s   were  n o t  

s i m p l y   f ( t ) ,   t h e   i n p u t   s i g n a l   a t   t e r m i n a l   10,   b u t   t h e  

s i n e   and  c o s i n e   f u n c t i o n s   of  f ( t ) ,   i t   w i l l   be  s e e n   t h a t  

t he   s i g n a l   a t   t he   l i n k   28  is   t h e   s i g n a l   of  E q u a t i o n   2 

a b o v e ,   a  c o n s t a n t  a m p l i t u d e ,   f r e q u e n c y - m o d u l a t e d   s i g n a l .  

A  d e c o d e r   38  r e c e i v e s   t h e   two  s i g n a l s   s i n   f ( t )   a n d  

cos   f ( t )   and  d e r i v e s   f ( t ) .   I t   w i l l ,   of  c o u r s e ,   b e  

u n d e r s t o o d   t h a t   t h e   l i n k   28  c o u l d   c o u p l e   to  any  o t h e r  

f o r m  o f   s t a n d a r d   FM  r e c e i v e r .  

FIGS.   2A,  B  a n d   C  a r e   p o s s i b l e   e m b o d i m e n t s   of  t h e  

d e c o d e r   38  of   FIG.  1.  In  FIG.  2A,  the   f l ( t )   s i g n a l   i s  

c o u p l e d   to  a  d i f f e r e n t i a t i n g   c i r c u i t   40  w i t h   o u t p u t  

s i g n a l   [ ( d f ( t ) / d t ) ]   c o s   f ( t )   c o u p l e d   to  a  d i v i d e r   42.   I n  

t h e   d i v i d e r ,   t h i s   s i g n a l   is  d i v i d e d   by  cos  f ( t )   and  t h e  

o u t p u t   i s   c o u p l e d   to  an  i n t e g r a t o r   44  w i t h   o u t p u t   s i g n a l  

f ( t )   w h i c h   is  t he   o r i g i n a l   i n p u t   a t   t e r m i n a l   10  o f  

FIG.   1 .  

In  FIG.  2B,  t he   o u t p u t   of  the   d i f f e r e n t i a t o r   40  i s  

c o u p l e d   to  one  i n p u t   of   an  op  amp  46,   t h e   o u t p u t   of  w h i c h  

is   c o u p l e d   t o   t he   i n t e g r a t o r   44.  The  o u t p u t   of  the  o p  

amp  46 which functions as a comparator is also coupled back to a multiplier  48.   T h e  

s e c o n d   i n p u t   of  the   m u l t i p l i e r   48  i s   the   i n p u t   s i g n a l  

f 2 ( t ) ,   and  t h e   f e e d b a c k   f o r c e s   the   o u t p u t   of  the   m u l t i -  



p l i e r ,   c o u p l e d   to   t he   op  a m p s ,   to   e q u a l   t h e   d i f f e r e n t i a -  

t o r   o u t p u t .   T h u s ,   t h e   i n p u t   and  o u t p u t   s i g n a l s   of  t h e  

i n t e g r a t o r   44  a r e   as  in   F IG .   2 A .  

In  F I G .   2C,  f 2 ( t )   i s   c o u p l e d   to   t h e   op  amp  46,   a n d  

t h e   a m p l i f i e r   o u t p u t   i s   c o u p l e d   b a c k   to  a  m u l t i p l i e r   5 0 .  

The  s i g n a l   f l ( t )   i s   c o u p l e d   to   a  s e c o n d   i n p u t   of  m u l t i -  

p l i e r   50 ,   and   t h e   o u t p u t   i s   c o u p l e d   to   a n o t h e r   i n t e g r a t o r  

52.  The  i n t e g r a t o r   52  o u t p u t   i s   t h u s   f o r c e d   to   be  f 2 ( t )  
and  i s   c o u p l e d   to   t h e   op  amp  46  a n d ,   a g a i n ,   t h e   i n t e g r a t o r  

44  f u n c t i o n s   as  a b o v e .  

In  F I G .   3,  s i n   f ( t )   +  any   e x t r a n e o u s   n o i s e   i s   r e p r e -  
s e n t e d   by  "Q"  and  cos  f ( t )   +  n o i s e   by  " I"   f o r   s i m p l i c i t y  

in  t h e   d r a w i n g   f i g u r e .   As  i s   k n o w n ,   t h e   f r e q u e n c y   m o d u -  

l a t i o n   on  t h e   c a r r i e r   i s   t h e   r a t e   of   c h a n g e   o f   c a r r i e r  

p h a s e   a n g l e  φ   o r  

D e r i v i n g   t h i s   r a t e - o f - c h a n g e   s i g n a l   u s u a l l y   r e q u i r e s   a  

l i m i t e r / d i s c r i m i n a t o r   c o m b i n a t i o n .   To  i m p l e m e n t   t h e  

d e r i v a t i o n   of   t h e   m o d u l a t i n g   s i g n a l   f ( t ) ,   t h e   s i g n a l   Q  i s  

s q u a r e d   i n   a  m u l t i p l i e r   53  a n d  s i g n a l  I   i s   s q u a r e d   i n   a  

m u l t i p l i e r   55 .   S i g n a l s   I2  and  Q2  a r e   summed  i n   an  a d d e r  

56  and  t h e   sum  i s   c o u p l e d   to   a  d i v i d e r   58 .   S i g n a l   Q  i s  

a l s o   c o u p l e d   to   a  m u l t i p l i e r   59  and  t o   a  d i f f e r e n t i a t o r  

60,   t h e   o u t p u t   of  t h e   l a t t e r   b e i n g   c o u p l e d   to   a  m u l t i p l i e r  

62.  S i g n a l   I  i s   a l s o   c o u p l e d   t o   t h e   m u l t i p l i e r   62  and  t o  

a  d i f f e r e n t i a t o r   64,  t he   o u t p u t   of  t h e   l a t t e r   b e i n g   c o u p l e d  

to   t h e   m u l t i p l i e r   59.  The  o u t p u t   s i g n a l s   of  m u l t i p l i e r s  

59  and  62  a r e   c o u p l e d   to   a  s u b t r a c t o r   66  and  t h e   s u b t r a c -  

t o r   o u t p u t   s i g n a l   i s   t h u s  

I t   w i l l   be  s e e n   t h a t   t h e   c o m b i n a t i o n   of   m u l t i p l i e r s   5 9 ,  

62 ,   d i f f e r e n t i a t o r s   60,   64  and  s u b t r a c t o r   6 6  

p e r f o r m s   t h e   d i s c r i m i n a t o r   f u n c t i o n .   T h i s  



s i g n a l   i s   c o u p l e d   to   t h e   d i v i d e r   58  h a v i n g   an  o u t p u t  
of  d φ / d t   and   t h e   i n t e g r a l   o f   t h a t   s i g n a l ,   f r o m   t h e   i n t e -  

g r a t o r   44 ,   i s   f ( t ) ,   t h e   o r i g i n a l   s i g n a l .   I t   w i l l   be  s e e n  
t h a t   t h e   d e c o d e r   of  FIG.   3  d e t e c t s   o n l y   f r e q u e n c y   ( o r  

p h a s e )   m o d u l a t i o n   and  i g n o r e s   a m p l i t u d e   v a r i a t i o n s   in   t h e  

s i g n a l   c a u s e d   by  n o i s e   o r   i n t e r f e r e n c e   and   h a s   a l l   t h e  

c h a r a c t e r i s t i c s   o f   o t h e r   FM  s y s t e m s .  

F IG .   4  i l l u s t r a t e s   a  s y s t e m   (TM)  p r o v i d i n g   t h e   S / N  

r a t i o   and   " c a p t u r e "   c h a r a c t e r i s t i c s   of   FM  s y s t e m s ,   i n -  

c l u d i n g   t h a t   of   FIG.   1,  b u t   r e q u i r i n g   o n l y   o n e - h a l f   t h e  

b a n d w i d t h   of  a  c o m p a r a b l e   FM  s i g n a l .   The  i n p u t   s i g n a l   a t  

t e r m i n a l   68  i s   f 3 ( t )   or  mf  s i n   w a t ,   shown  as  a  s i n u s o i d a l  

w a v e f o r m   70,   w h e r e   mf  i s   t h e   m o d u l a t i o n   i n d e x .   T h e  

o u t p u t   o f   t h e   f u n c t i o n   g e n e r a t o r   12  i s   now  s i n [ f 3 ( t ) ]   o r  

f 4 ( t ) .   T h i s   l a t t e r   o u t p u t   s i g n a l   i s   shown  in   t h e   w a v e -  

fo rm  72  a n d   i s   " f o l d e d   b a c k "   u p o n   i t s e l f   w i t h i n   t h e  

c o n s t r a i n t s   of   t h e   s i n e   v a l u e s   ±1.   The  w a v e f o r m . 7 2   i s  

t h e   m o d u l a t i n g   s i g n a l   c o u p l e d   t o   a  s i n g l e   s i d e b a n d   (SSB)  

t r a n s m i t t e r   74.   The  t r a n s m i t t e d   s i g n a l   may  be  r e c e i v e d  

by  an  SSB  r e c e i v e r   76  w i t h   e x t r a n e o u s   a m p l i t u d e   m o d u l a -  

t i o n s   c a u s e d   by  n o i s e   o r   i n t e r f e r e n c e .   T h e r e f o r e ,   t h e  

d e m o d u l a t e d   s i g n a l   78  may  be  f 4 ( t )   +  n,   n  =  n o i s e ,   r a t h e r  

t h a n   b e i n g   i d e n t i c a l   to   w a v e f o r m   72.   When  t h e   w a v e f o r m  

78  i s   " u n f o l d e d "   in   a  f u n c t i o n   g e n e r a t o r   80  w h i c h  

e s s e n t i a l l y   d e r i v e s   t h e   a r c   s i n e   of  t h e   g e n e r a t o r   i n p u t  

s i g n a l ,   t h e   o u t p u t   a t   a  t e r m i n a l   82  i s   t h e   w a v e f o r m   8 4 ,  

f 3 ( t )   +  n.   T h u s ,   as  in   a n g u l a r   m o d u l a t i o n ,   t h e   o r i g i n a l  

w a v e f o r m   70  h a s   b e e n   r e s t o r e d   w i t h   o n l y   a  s l i g h t   a m o u n t  

of   n o i s e ,   g i v i n g   a  s i g n a l - t o - n o i s e   r a t i o   i m p r o v e m e n t  

f a c t o r   o f   mf ,   and  w i t h   t h e   i m p o r t a n t   a d v a n t a g e   t h a t   o n e  

s i n g l e   s e t   o f   s i d e b a n d s   p r o d u c e s   t h e   same  i m p r o v e m e n t  

o v e r   AM  as   d o e s   FM  w i t h   t h e   same  m o d u l a t i o n   i n d e x   a n d  

t w i c e   t h e   b a n d w i d t h .  

The  d i a g r a m   o f  F I G .   5  s h o w s   many  s i m i l a r i t i e s   t o  

FIG.   1;  i . e . ,   an  i n p u t   s i g n a l   f ( t )   a t   t h e   t e r m i n a l   10  i s  

t r a n s f o r m e d   in   t h e   f u n c t i o n   g e n e r a t o r   12  t o   s i n   f ( t ) ,  

f i l t e r e d   i n   f i l t e r   15,   and   c o u p l e d   to   t h e   s y s t e m   16,   a n d  



t h e   s i n   f ( t )   o u t p u t   of   t h e   s y s t e m   16  i s   c o u p l e d   to   t h e  

d e c o d e r   38.  H o w e v e r ,   i n s t e a d   of  c o u p l i n g   t h e   s i g n a l   f ( t )  

t o   t h e   s e c o n d   f u n c t i o n   g e n e r a t o r   14  (as  in   F IG.   1 ) ,   t h e  

s i n   f ( t )   o u t p u t   f r o m   f u n c t i o n   g e n e r a t o r   12  i s   a l s o  

c o u p l e d   to   a  p h a s e - s h i f t i n g   n e t w o r k   88  w h i c h   i s   n o t   f r e -  

q u e n c y   s e l e c t i v e   and  w h i c h   s h i f t s   t h e   p h a s e   of   e a c h   a u d i o  

c o m p o n e n t   by  9 0 ° ,   an  o p e r a t i o n   known  m a t h e m a t i c a l l y   a s  

t a k i n g   t h e   H i l b e r t   t r a n s f o r m   o f  a   s i g n a l .   The  o u t p u t  

s i g n a l   of  t h e   n e t w o r k   88  i s   t h e n   c o u p l e d   to   t h e   m u l t i -  

p l i e r   24,  m a k i n g   t h e   c o m p o s i t e   s i g n a l   a t   t h e   l i n k   28  a n  

SSB  s i g n a l .   T h i s   m e t h o d   of   m o d u l a t i n g   a  DSB-SC  t r a n s m i t -  

t e r   w i t h   t h e   m o d u l a t i n g   s i g n a l   on  one  i n p u t   t e r m i n a l   a n d  

t h e   H i l b e r t   t r a n s f o r m   of  t h e   m o d u l a t i n g   s i g n a l   on  a  

s e c o n d   t e r m i n a l   i s   known  as  t h e   p h a s e - s h i f t   m e t h o d   o f  

g e n e r a t i n g   an  SSB  s i g n a l ,   t h u s   t h e   s i g n a l   a t   l i n k   28  i s  

an  SSB  t r a n s m i s s i o n   o f   s i n   f ( t )  o r   TM.  When  t h e   TM  s i g -  

n a l   i s   d e m o d u l a t e d   in   a  q u a d r a t u r e   d e t e c t o r ,   one  o u t p u t  

i s   s i n   f ( t )   and  t h e   o t h e r ,   f r o m   t he   m u l t i p l i e r   36  i s   t h e  

H i l b e r t   t r a n s f o r m   of  s i n   f ( t ) .   The  o u t p u t   s i g n a l   of  t h e  

m u l t i p l i e r   36  i s   c o u p l e d   t o   a  p h a s e - i n v e r t i n g   s w i t c h   9 0 ,  

w h i c h   i s   c o n t r o l l e d   by  a  c o n t r o l   s i g n a l   sgn  [ d f ( t ) / d t ]  

f r o m   a  t e r m i n a l   92,  p r o d u c i n g   an  o u t p u t   s i g n a l   w h i c h   i s  

a p p r o x i m a t e l y   cos   f ( t ) .   The  c o n t r o l   s i g n a l   w i l l   b e  

d i s c u s s e d   w i t h   r e s p e c t   t o   F IG.   7.  As  in  FIG.   1,  t h e  

s i n   f ( t )   and  cos  f ( t )   s i g n a l s   a r e   p r o c e s s e d   in   t h e  

d e c o d e r   38  to   p r o v i d e   an  o u t p u t   of  f ( t ) .   In  t h i s   c i r c u i t  

i t   w o u l d   be  d e s i r a b l e ,   as   i s   known  in   t he   a r t ,   to   s e n d   a  
'  s m a l l   s i g n a l   a t   t h e   c a r r i e r   f r e q u e n c y   of  s o u r c e   1 8  

t h r o u g h   t he   l i n k   28  f o r   t h e   p u r p o s e   of  s y n c h r o n i z i n g   t h e  

s o u r c e   30  by  t h e   u s u a l   p h a s e   l o c k e d   m e a n s .   T h i s   s m a l l  

a m o u n t   of  c a r r i e r   can   a l s o   be  u s e d   f o r   AGC  as  in  AM-SSB.  

In  t he   w a v e f o r m s   of  F I G .   6,  l i n e   A  r e p r e s e n t s  

s i n   f ( t )   w h e r e   f ( t )  =   n f   s i n   ω a t ,   ωat   i s   a  s i n g l e   t o n e  

a u d i o   f r e q u e n c y   and  mf  i s  t h e   m o d u l a t i n g   i n d e x  ( 1 0  

r a d i a n s   in   t h i s   e x a m p l e ) .   The  " f o l d i n g "   e f f e c t   of  t h e  

s i n e - o f - t h e - s i n e   f u n c t i o n   i s   a p p a r e n t   in  l i n e   A.  L i n e   B 

r e p r e s e n t s   t h e   H i l b e r t   t r a n s f o r m   of  t h e   s i g n a l   of  L i n e   A .  



L i n e   C  i s   t h e   s i g n a l   a t   t e r m i n a l   92  and  may  be  e x p r e s s e d  

as  s g n  [ d f ( t ) / d t ] ,   r e p r e s e n t i n g   ± 1 ,   d e p e n d i n g   on  t h e   s i g n  
of   t h e   g i v e n   f u n c t i o n .   W h i l e   l i n e   D  is   a p p r o x i m a t e l y   c o s  
f ( t )   t h e   more   a c c u r a t e   cos   f ( t )   s i g n a l   of  l i n e   E  i s   to  b e  

p r e f e r r e d ,   and  a  means  of   d e r i v i n g  l i n e   E  w i l l   be  shown  i n  

and   d e s c r i b e d   w i t h   r e s p e c t   t o   F I G .  - 8 .  

In   F IG .   7,  a  t e r m i n a l   94  c o u p l e s   t he   s i g n a l   s i n   f ( t )  

f r o m   t h e   m u l t i p l i e r   34  to   t h e   d e c o d e r   38.  A  t e r m i n a l   96 

c o u p l e s   t h e   H i l b e r t   t r a n s f o r m   s i g n a l   f rom  m u l t i p l i e r   36 

t o   t h e   p h a s e - i n v e r t i n g   s w i t c h   90  and   a l s o   to  a  z e r o  

c r o s s i n g   d e t e c t o r   97  c o m p r i s i n g   a  l i m i t e r   98,  a  d i f f e r e n -  

t i a t o r   100  and   a  f u l l   wave  r e c t i f i e r   102.   The  d e t e c t o r  

97  d e t e c t s   t h e   z e r o   c r o s s i n g s   o f   t h e   s i g n a l   a t   t h e   t e r m i -  

n a l   96 ,   and  i s   c o u p l e d   to   one  i n p u t   of  an  AND  g a t e   1 0 4 .  

A  t e r m i n a l   106  of   the  d e c o d e r   38  p r o v i d e s   a  s i g n a l  

d f ( t ) / d t   t o   a  f u l l   wave  r e c t i f i e r   108 .   The  r e c t i f i e d  

o u t p u t   i s   c o u p l e d   to  a  d i f f e r e n t i a t o r   110  and  to   an  a d d e r  

112  w h i c h   h a s   a  s e c o n d   i n p u t   f r o m   t h e   d i f f e r e n t i a t o r   1 1 0 .  

The  c o m b i n e d   o u t p u t   of  t h e   a d d e r   112  t h u s   i n c l u d e s   s m a l l  

p o s i t i v e   p u l s e s   w h i c h   p r e c e d e   t h e   z e r o   c r o s s i n g s   of   t h e  

s i g n a l   f r o m   t h e   t e r m i n a l   106 .   T h e s e   p o s i t i v e   p u l s e s  

t r i g g e r   a  o n e - s h o t   m u l t i v i b r a t o r   l 1 4 ,   t he   o u t p u t   of  w h i c h  

i s   c o u p l e d   t o   a  s e c o n d   i n p u t   o f   t h e   AND  g a t e   104 .   T h e  

o u t p u t   of   t h e   AND  g a t e   t h e n   r e p r e s e n t s   o n l y   t h o s e   z e r o  

c r o s s i n g s   i n   t h e   o u t p u t   of  t h e   d e t e c t o r   97  w h i c h   c o i n c i d e  

c l o s e l y   w i t h   t h e   z e r o   c r o s s i n g s   o f   t h e   s i g n a l   a t   t e r m i n a l  

1 0 6 .   The  c o i n c i d e n t   c r o s s i n g s   a r e   shown  w i t h i n   t h e  

w i n d o w s   116  i n d i c a t e d   in  l i n e   B  o f   FIG.   6.  The  AND  g a t e  

o u t p u t   t r i g g e r s   a  f l i p - f l o p   118  w h i c h   p r o v i d e s   t he   s i g n a l  

o f   l i n e  C   of   FIG.   6 .  

In   F IG.   8,  a coherence circuit  120  h a s   b e e n   a d d e d   b e t w e e n   t h e  

p h a s e - i n v e r t i n g   s w i t c h   90  and  t h e   d e c o d e r   38  (FIG.   7)  t o  

p r e v e n t   t h e   o u t p u t   s i g n a l   of  t h e   s w i t c h   90  f rom  a p p r o a c h -  

i n g   z e r o   a t   t h e   same  t i m e   t h e   s i g n a l   a t   t e r m i n a l   94  g o e s  

t o   z e r o ,   s i n c e   t h i s   e v e n t   w o u l d   c a u s e   t h e   d e c o d e r   38  t o  

l o s e   c o h e r e n c e   and  p r o d u c e   a  l a r g e   b u r s t   of   n o i s e .   An 



o u t p u t   t e r m i n a l   122  of  d e c o d e r   38  p r o v i d e s   a  s i g n a l  
( I   +  Q 2 )  t o   a  c o m p a r a t o r   124  h a v i n g   a  r e f e r e n c e   t e r m i n a l  

1 2 6 .   The  c o m p a r a t o r   o u t p u t   i s   c o u p l e d   t o   a  p h a s e -  

i n v e r t i n g   s w i t c h   128  w h i c h   i s   c o n t r o l l e d   by  a  s i g n a l  

( s g n   [ c o s   f ( t ) ] )   f r o m   a  F /F   130 .   The  s i g n a l   f r o m   t h e  

p h a s e - i n v e r t i n g   s w i t c h   90  i s   c o m b i n e d   w i t h   t h e   o u t p u t   o f  

t h e   p h a s e - i n v e r t i n g   s w i t c h   128  i n   an  a d d e r   1 3 2 ,   t h e   o u t -  

p u t   of  w h i c h   i s   e s s e n t i a l l y   cos  f ( t )   as  s e e n   in   FIG.  6 E .  

The  a d d e r   o u t p u t   i s   c o u p l e d   to   d e c o d e r   38  a n d ,   t h r o u g h   a  

l i m i t e r   134  and  a  d i f f e r e n t i a t o r   1 3 6 ,   t o   t h e   F /F   1 3 0 ,   p r o -  

v i d i n g   a  s i g n a l   sgn   [ cos   f ( t ) ]   w h i c h   c o n t r o l s   t h e   s w i t c h  

1 2 8 .   When  t h e   s i g n a l s   a t   t e r m i n a l s   94  and   96  b o t h   a p p r o a c h  

z e r o ,   t h e   c o m p a r a t o r   124 ,   t h r o u g h   t h e   s w i t c h   1 2 8 ,   p r o -  
v i d e s   a  s i g n a l   w h i c h   b r i n g s   t h e   cos   f ( t )   s i g n a l   to   t h e  

p r o p e r   p o l a r i t y .   In  t h i s   c i r c u i t   t h e   s m a l l   c a r r i e r   s i g n a l  

r e f e r r e d   to   w i t h   r e s p e c t   to   FIG.   5  c an   a l s o   be  r e c t i f i e d  

and   a m p l i f i e d   t o   p r o v i d e   t h e   r e f e r e n c e   v o l t a g e   a t   t e r m i n a l  

126  of  t h e   c o m p a r a t o r   124 .   W i t h   t h i s   t y p e   of   r e f e r e n c e  

v o l t a g e ,   t h e   r e c e i v e r   can  d e t e r m i n e   when   t h e r e   i s   n o  

t r a n s m i s s i o n ,   and  s q u e l c h   as  n e c e s s a r y .  
FIG.   9  i s   a  c h a r t   c o m p a r i n g   t h e   c h a r a c t e r i s t i c s   o f  

AM-SSB,  FM  and   TM  and  i s   b a s e d   on  t h e   f o r e g o i n g   e x p l a n a -  

t i o n   and  d r a w i n g .  

The  b l o c k   d i a g r a m   of  F i g .   10  r e l a t e s   to   t h e   t r a n s -  

m i t t e r   p o r t i o n   of   F IG .   5  and  i s   i n c l u d e d   h e r e   f o r   f u r t h e r  

u n d e r s t a n d i n g   of   t h e   t r a n s m i t t e r   o p e r a t i o n .   The  f u n c t i o n  

g e n e r a t o r   12  of   F I G S .   1  a n d   5  has   an  i n p u t   s i g n a l   f ( t )  

a n d   an  o u t p u t   s i g n a l   s i n   f ( t ) .   I t   may  be  s e e n   t h a t ,   w i t h  

an  FM  s i g n a l   a t   t h e   l i n k   28  of  F IG .   1,  t h e   o u t p u t   of   t h e  

m u l t i p l i e r   34  i s   a l s o   s i n   f ( t ) .   In  F IG .   10 ,   t h e   b l o c k  

140  r e p r e s e n t s   an  A r m s t r o n g   t y p e   of  f r e q u e n c y   m o d u l a t i o n  

g e n e r a t o r ,   w h i c h   p r o d u c e s   a  s i g n a l   s u c h   as  t h e   s i g n a l  

a t   l i n k   28  of  F IG .   1,  and  i n c l u d e s   a  c a r r i e r   f r e q u e n c y  

s o u r c e   1 4 2 ,   a  p h a s e   s h i f t e r   144 ,   a  m u l t i p l i e r   146 ,   a n  

a d d e r   148  and  a  f r e q u e n c y   m u l t i p l i e r   1 5 0 .   The  f r e q u e n c y  

s o u r c e   30  d e r i v e s   a  s y n c h r o n o u s   r e f e r e n c e   s i g n a l   f r o m   t h e  



c a r r i e r   s o u r c e   142  and  t h e   f r e q u e n c y   m u l t i p l i e r   152  i s  

e s s e n t i a l l y   i d e n t i c a l   to   t h e   f r e q u e n c y   m u l t i p l i e r   150  o f  

t h e   A r m s t r o n g   t y p e   f r e q u e n c y   m o d u l a t i o n   g e n e r a t o r   1 4 0 .  

The  o u t p u t   s i g n a l   of  t h e   m u l t i p l i e r   150  i s   c o u p l e d   t h r o u g h  

a  p h a s e   s h i f t e r   154  t o   t h e   m u l t i p l i e r   34  to   p r o v i d e   t h e  

o u t p u t   s i g n a l   s i n   f ( t ) .   The  b l o c k   140  i s   t h e r e f o r e   t h e  

e q u i v a l e n t   of   b l o c k s   12,   15 ,   1 8 ,  2 0 ,   22,  24,  26  and  88  

(FIG.   5 ) .   I t   i s   a p p a r e n t   t h a t ,   l a c k i n g   t h e   p h a s e   s h i f t e r  

154 ,   t h e   o u t p u t   of  t h e   m u l t i p l i e r   34  w o u l d   be  cos   f ( t ) ,  

as  i s   t h e   o u t p u t   of  t h e   m u l t i p l i e r   36  or  t h e   f u n c t i o n  

i n p u t   t o   m u l t i p l i e r   2 4  o f   FIG.   1 .  

T h u s ,   t h e r e   has   b e e n   shown  and  d e s c r i b e d   a  n e w  

s y s t e m   of   m o d u l a t i o n   w h i c h   can  p r o v i d e   a l l   of   t h e   d e s i r -  

a b l e   c h a r a c t e r i s t i c s   of  b o t h   AM  and  F M  w i t h   m i n i m u m   b a n d -  

w i d t h   r e q u i r e m e n t s ,   and  a  new  way  of   p r o v i d i n g   s t a n d a r d  

FM  h a s   b e e n   d i s c l o s e d .   O t h e r   m o d i f i c a t i o n s   and  v a r i a -  

t i o n s   a r e   p o s s i b l e ,   and  i t   i s   i n t e n d e d   to   c o v e r   a l l   s u c h  

as  f a l l   w i t h i n   t h e   s p i r i t   and  s c o p e   of   t h e   a p p e n d e d   c l a i m s .  

Wha t   i s   c l a i m e d   i s :  



1.  A  s i n e   f u n c t i o n   g e n e r a t o r   c o m p r i s i n g :  

an  FM  s i g n a l   g e n e r a t o r   c o u p l e d   to   r e c e i v e   a n  

i n p u t   i n f o r m a t i o n   s i g n a l ;   a n d  

d e m o d u l a t o r   m e a n s   f o r   d e r i v i n g   t h e   s i n e   o f  

t h e   i n f o r m a t i o n   s i g n a l   f r o m   t h e   F M  s i g n a l .  
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